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Abstract
The Synchronous Reluctance Motor (SynRM) has been studied. A suitable machine vector model
has been derived. The influence of the major parameters on the motor performance has been
theoretically determined.
Due to the complex rotor geometry in the SynRM, a suitable and simple combined theoretical
(analytical) and finite element method has been developed to overcome the high number of
involved parameters by identifying some classified, meaningful, macroscopic parameters.
This macroscopic parameters are for example: insulation ratio in q- and d-axis, number of
barriers, number of poles, end points of barriers in the air gap, type of barrier distribution ie. withor without-cut-off, stator slots per pole per phase (q). Intermediate variables are barriers position
and sizes.
Reducing the number of parameters effectively was one of the main goals. For this purpose,
attempt has been made to find and classify different parameters and variables, based on available
literatures and studies. Thus a literature study has been conducted to find all useful ideas and
concepts regarding the SynRM. The findings have been used to develop a simple, general, finite
element aided and fast rotor design procedure. By this method rotor design can be suitably
achieved by related and simplified finite element sensitivity analysis.
The procedure have been tested and confirmed. Then it is used to optimize a special rotor for a
particular induction machine (IM) stator. This optimization is mainly focused on the torque
maximization for a certain current. Torque ripple is also minimized to a practically acceptable
value. The procedure can also be used to optimize the rotor geometry by considering the other
machine performance parameters as constrains.
Finally full geometrical parameter sensitivity analysis is also done to investigate the influence of
the main involved design parameters on the machine performance.
Some main characteristics like magnetization inductances, power factor, efficiency, overload
capacity, iron losses, torque and torque ripple are calculated for the final designs and in different
machine load conditions.
Effects of ribs, air gap length and number of barriers have been investigated by means of suitable
FEM based method sensitivity analysis.

Keywords
Synchronous reluctance motor, sensitivity analysis, main parameter, transversally laminated
anisotropy, design, vector model, torque ripple minimization, torque maximization, optimization,
geometric parameter, saliency ratio, finite element analysis, theoretical rotor geometry model,
combined optimization.
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Certainly this work will never be perfect, because the writer is taking his first steps towards the
electrical engineering world. In this situation lack of perfect knowledge is normal.
It must also be taken into account that this work has been an MSc final project and it is clear that
the lack of time has also affected the quality.
Thus expecting comprehensive solutions is unrealistic. Instead the writer has tried to find critical
questions and ignite some new questions for the readers, because good and relevant questions can
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1

INTRODUCTION
The purpose of this report is to present information necessary for developing a suitable
Synchronous Reluctance Motor (SynRM) rotor geometry design procedure.
To achieve this a suitable theoretical model is essential, thus a simple but complete motor model
is developed.
To have a feeling about the potential position of the SynRM in industry a performance
comparison between this machine and the other most used machines such as the IM will be
presented. Special attention will be paid to the possible rotor geometries of SynRM, because as it
has been shown by J. K. KOSTKO, 1923 [30] this can directly influence our insight on the
machine’s potential abilities.
These issues will give the readers a general insight on the machine’s characteristic and also
highlight the most important parameters of the machine that affect its performance.
The main task is to determine the influence of the major parameters on the motor performance.
This can be suitably achieved by finite element sensitivity analysis.
Due to the complex rotor geometry in the SynRM, a suitable and simple combined theoretical
(analytical) and finite element method is targeted to overcome the high number of involved
parameters by identifying classified, meaningful, macroscopic parameters.
Reducing the number of parameters effectively was one of main goals. For this purpose, attempt
has been made to find and classify different parameters and variables, based on available
literatures and studies. A comprehensive literature study has been conducted to find all useful
ideas and concepts regarding the SynRM. The findings have been used to develop a simple,
general, finite element aided and fast rotor design procedure. Parameter classification resulted in
the identification of three major classes of parameters:
1- Design parameters or macroscopic parameters (for example pole number, stator structure,
insulation ratios in rotor …).
2- Design variables or microscopic parameters (for example barrier’s dimensions …).
3- Target variables (for example torque density, efficiency, power factor …).
The first group mainly includes parameters which due to their complexity and nonlinear effects,
are preferably analyzed by the finite element method.
The second group includes variables that are mainly based on the rotor geometry.
The third group should be calculated from a finite element analysis in order to obtain accurate
results.
Finally full parameter sensitivity analysis and optimization will be done.
Subject of this report have been divided into the following main categories:
1- SynRM basic principles, chapters 2, 3 and 4.
2- SynRM Design aspects, chapterd 5 and 6.
3- SynRM Finite element sensitivity analysis study and optimization, chapters 7 and 8.
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The combined theory and finite element procedure which is suggested here should be used to
reduce the number of barriers as much as possible (suitable for manufacturing and production)
and not to find an absolute optimum design for a certain number of barriers. If only the torque
maximization is targeted the procedure will work, but if other parameters like torque ripple and
iron losses, especially in the rotor, are considered, then a more detailed model for controlling
these two target variables is needed. For example such models which are based on analyzing the
whole stator MMF harmonic content and rotor reaction are presented in [33, 39, 40].
Definitions:
SynRM

Synchronous Reluctance Motor

TLA

Transversally Laminated Anisotropic

ALA

Axially Laminated Anisotropic

Ld

d-axis inductance in the rotor reference frame

Lq

q-axis inductance in the rotor reference frame

HEV

Hybrid electric vehicle

FEM

Finite element modeling

IM

Induction Machine
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SYNCHRONOUS RELUCTANCE MACHINE (SYNRM) – BASIC PRINCIPLES
2
2.1

BASIC THEORY
Reluctance concept
The synchronous reluctance machine (SynRM) utilizes the reluctance concept and rotating
sinusoidal MMF, which can be produced by the traditional IM stator, for torque production. The
reluctance torque concept has a very old history and it can be traced back to before 1900 [33, 30].
The main idea can be explained by Fig. 2.1. In this figure object (a) with an isotropic magnetic
material has different (geometric) reluctances in the d-axis and the q-axis while the isotropic
magnetic material in object (b) has the same reluctance in all directions.
A magnetic field (ψ ) which is applied to the anisotropic object (a) is producing torque if there is

an angle difference between the d-axis and the field (δ ≠ 0 ) . It is obvious that if the d-axis of
object (a) is not aligned with the field, it will introduce a field distortion in the main field. The
main direction of this distortion field is aligned along the q-axis of the object.

In the SynRM field (ψ ) is produced by a sinusoidally distributed winding in a slotted stator and it
links the stator and rotor through a small air gap, exactly as in a traditional IM. The field is
rotating at synchronous speed and can be assumed to have a sinusoidal distribution.

ψ

ψ

τ
d

q

b

δ
a

τ

a

Fig. 2.1: An object with anisotropic geometry (a) and isotropic geometry (b) in a magnetic field

ψ

and torque

production mechanism.

In this situation there will always be a torque which acts to reduce the whole system potential
energy by reducing the distortion field in the q-axis, (δ → 0 ) . If (δ ) load angle is kept constant,
for example by control or applying a load torque, then electromagnetic energy will be
continuously converted to mechanical energy.
The stator current is responsible for both the magnetization (main field), and the torque
production which is trying to reduce the field distortion, this can be done by controlling the
current angle, which is the angle between the current vector of the stator winding and the rotor daxis (θ ) in synchronous reference frame [42, 26].
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4

Vector equivalent circuit and main performance characteristics
Since the stator winding of the SynRM is sinusoidally distributed, flux harmonics in the air gap
contribute only to an additional term in the stator leakage inductance [33, 10]. Hence the
equations which describe the behavior of the SynRM can be derived from the conventional
equations depicting a conventional wound field synchronous machine, which are Park’s
equations. In the SynRM, the excitation (field) winding is non-existent [33]. Also, the machine
cage in the rotor is omitted and the machine can be started synchronously from stand still by
proper inverter control [33].
Lsl

Rs

is

j

im

m

icr

ics

v

R cm-s

em

Lm

d m
dt

R cm-r

Fig. 2.2: Equivalent vector circuit of SynRM including rotor and stator iron losses [33].

Therefore by eliminating both the field and damper winding equations from Park’s equations, the
SynRM vector equations in the d-q-axis (synchronous reference frame) can be written as follows,
see Fig. 2.2 and 2.3:

v =e m + Rs is + jωLsl is
em =

(2.1)

dλm
+ jωλm
dt

(2.2)

In eqs. 2.1 and 2.2: v = vd + j ⋅ vq is the machine’s terminal voltage vector, λm is the air gap
linkage flux, Lsl is the total winding leakage inductance, Rs is the winding resistance,

is = isd + j ⋅ isq = im + ics is the stator current vector, ω is the reference frame electrical angular
speed and em is the air gap electromotive voltage (internal voltage of stator winding). Its RMS
and argument values in steady state

dλm
≅ 0 can be calculated from the following equation
dt

[33, 38], see Fig. 2.3:

Em = 2 ⋅ N1 ⋅ πLDf Bˆδ 1 = 2 ⋅

ns qk w1
⋅ πLDf Bˆδ 1 ,
Cs

arg (em ) =

π
2

+δ

( 2.3)

In eq. 2.3: em → vector & Em → phasor , ns is the number of conductors per stator slot, q is
the number of stator slot per pole per phase, Cs is the winding connection factor [38], L is the
machine active length, D is the air gap diameter, f is the supply frequency, k w1 is the
fundamental winding factor1, N1 is the winding equivalent number of turns per pole per phase [38]

and Bˆδ 1 is the maximum amplitude of the air gap fundamental flux density.

1

This factor can be calculated as following, where

ysp is the phase winding pole pitch length in number of slots [38]:
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q

R cm-r → R cm-s

jωLslis

∆

vq

v

PF = cos
∆

IPF = cos ( i )
(em ⊥ m ), ((v-R sis ) ⊥

R sis
em

is

()
)

i cs
im

i qm

λ

β

i

λqm

λm
λdm

i dm

vd

λq

λd

d

Fig. 2.3: Vector diagram of SynRM in steady state, including the total iron losses [33, 12].

Also, see Fig. 2.2:

em = jωλ m = jω (λdm + jλqm ) =
= jω (Ldm (idm ) ⋅ idm + jLqm ⋅ iqm ) =
= −ωLqm ⋅ iqm + jωLdm (idm ) ⋅ idm

( 2 .4 )

Note: In this report all calculations are based on the air gap values for the different parameters,
because in Flux2D it is possible to evaluate the air gap values for the parameters independently.
Also all iron losses in the equivalent circuit are transferred to the stator side and the equivalent
rotor iron losses resistance Rcm−r is disregarded for simplicity [42, 18, 26]. Therefore λm
according to the magnetization current im = idm + j ⋅ iqm can be defined as following [33, 12]:

λm = Lm ⋅ im ≅

Ldm (idm ) ~ 0
⋅i
~0
Lqm m

λm = λdm (idm ) + j ⋅ λqm (iqm ) ≅ λdm (idm ) + j ⋅ Lqmiqm

(2.5)

The flux in the d-axis can not be considered as a linear function of the current, but in the q-axis
this is applicable with an acceptable accuracy. Generally there are two major side effects that can
affect these assumptions: first the cross-coupling effect between the d- and q-axis, and second the
stator slot effect [33, 31, 28]. Therefore the general flux equations can be written as in eq. 2.6.
However in this report eqs. 2.4 and 2.5 will be used for the analysis and theoretical calculations.

λdm = λdm (idm , iqm ,ϑ )
λqm = λqm (idm , iqm ,ϑ )
1
k w1 = ⋅
q

sin
sin

π
6

π
6q

⋅ sin

yspπ
6q

(2.6)
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In eq. 2.6, (ϑ ) is the rotor position angle with reference to the stator and it shows the effect of the
stator slot on main magnetizing inductances, this issue will be discussed later. The stator slot
effect on stator leakage inductances in d- and q- axis is disregarded.
With the equivalent circuit, see Fig. 2.2, and vector diagram, see Fig. 2.3, the main machine
characteristics can be calculated in steady-state according to the following.
The internal (or apparent or air gap) power factor can be written, [33, 31, 23, 7]:

π

IPF = cos(ϕi ) = sin (β ) = cos

= cos

= (ξ − 1)

In eq. 2.7 ξ =

tan −1

2

+ δ −θ =

Ldm idm iqm
+
Lqm iqm idm
Ldm
−1
Lqm

(ξ − 1)
=
1
1
2
ξ
+
sin 2 θ cos 2 θ

=

sin (2θ )
2(tan θ + ξ 2 cot θ )

( 2 .7 )

L dm (idm )
is the machine air gap saliency ratio and θ is the current angle, see
Lqm

Fig. 2.3. The internal power factor is highly dependent of the machine saliency ratio and is

maximized when tan (θ ) = ξ [23]. Maximum IPF can be calculated according to the following
equation:

IPF max = cos(ϕi ) max =

ξ −1
ξ +1

(2.8)

The terminal power factor can be calculated according to the following [33, 9, 29]:

PF = cos(ϕ ) =

vd isd + vqisq

( 2 .9 )

v ⋅ is

By eq. 2.3, the total iron losses equivalent resistance in the stator Rcm can be written as, see Fig.
2.2:
And the iron losses current will be as follows:

Rcm

3 Em
≅ tot
Pfe

ics =

2

( 2.10)

em
Rcm

(2.11)

The electromagnetic torque including iron, friction and stray losses can be calculated with the air
gap flux and magnetizing current according to eq. 2.12 [33, 12, 28]. In eq. 2.12, I m is the stator

magnetizing current RMS value, β is the angle between current and flux in the air gap, see Fig.
2.3, and p is the pole number. For the shaft torque calculation, the iron losses, friction and stray
losses equivalent torque must be subtracted from the air gap total torque in eq. 2.12.
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3 p
(λm × im ) = 3 p ⋅ λm ⋅ im ⋅ sin β =
22
22

Tem− g =

=

3 p
(λdmiqm − λqmidm ) = 3 p (Ldm (idm ) − Lqm )⋅ idmiqm =
22
22

=

3 p
(Ldm (idm ) − Lqm )⋅ I m2 sin(2θ )
22

(2.12)

This equation shows high dependency of the machine torque to the inductances
difference Ldm − Lqm for certain stator current. The air gap back EMF, em can be introduced to

(

)

the torque equation (eq. 2.12). Firstly for the back EMF we can write, refer to eq. 2.3 & 2.4, also
see Fig. 2.3:

λdm =
λqm =

eqm

ω

=

em cos δ

ω

=

(− edm ) = em sin δ
ω

ω

2 ⋅ Em cos δ

ω

=

2 ⋅ Em sin δ

ω

(2.13)

On the other hand the torque equation can be written as follows [33]:

Tem− g =

3 p
(Ldm (idm ) − Lqm )⋅ idmiqm =
22

=

3 p 1
1
−
⋅ (Ldm (idm ) ⋅ idm ) ⋅ (Lqmiqm ) =
2 2 Lqm Ldm (idm )

=

3 p 1
1
−
⋅ λdmλqm = (Using eq. (2.13) ) =
2 2 Lqm Ldm (idm )

3 p 1
1
E
=
−
⋅ m
2 2 Lqm Ldm (idm )
ω

2

sin (2δ )

(2.14)

Eq. 2.14 shows that the torque, for a certain voltage and speed condition, is maximized
for δ =

π

4

. Also the inductance term in this equation with an acceptable estimation is almost

(

)

constant, because in nominal condition Ldm Lqm and the q-axis inductance is almost constant.
The flux angle and current angle relation can be derived as follows, see Fig. 2.3:

tan δ =

λqm
Lqmiqm
1
=
=
tan θ
λdm
Ldm (idm ) ⋅ idm
ξ

(2.15)
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In nominal condition typically ξ ≈ 10 for a 4 pole machine [1], therefore the maximum torque in
both constant voltage and constant current operation points dictates a small flux angle
(maximum:

π

4

) and large current angle (minimum:

π

4

), but the optimum point is completely

related to the supply condition. For comparison of maximum achievable torque with constant
current and constant voltage supply refer to Appendix A and D.

( )

By calculating the air gap flux density B̂1 and its angle from d-axis (load angle or flux
angle), (δ ) by means of FEM method, the magnetizing inductances can be calculated by the
following equations [15]. A similar calculation method is used in [31]:

Lmd =

k w1Qs ns DLBˆ1 cos(δ )
6 pCs
idm

(2.16)

Lmq =

k w1Qs ns DLBˆ1 sin (δ )
6 pCs
iqm

(2.17)

Using the energy concept for the calculation of inductances does not give realistic results because
harmonics affect the energy values where as only the fundamental air gap flux density is
responsible for the torque production (average).
2.3

Magnetization characteristic
The machine main magnetization fluxes λdm & λqm characteristic generally can be expressed
according to eq. 2.6. In this report it is assumed that all machine inductances except the
magnetization inductances Ldm , Lqm can be modeled as constant lumped elements, i.e. stator
leakage inductances in d- and q-axis are equal and constant etc. and the side effects of saturation,
slotting and cross-coupling on these elements are disregarded.
Therefore the effect on total stator terminal flux, λ = λd + jλq for the main sources of
nonlinearity in SynRM, which are saturation, slotting and cross-coupling, can just be modeled by
the behavior of the air gap flux linkage, λm = λdm + jλqm , see Fig. 2.3.

2.3.1 Saturation
Equations 2.7 and 2.12 clearly show that the direct effect of magnetization inductances on torque
and power factor. These inductances are highly affected by the level of saturation in the machine
core iron due to high amount of iron in both d- and q-axis flux paths.
But the saturation effect in the q-axis flux is much lower than in the d-axis, because of the
insulation layers (barriers) actually cutting the q-axis flux lines so that the major responsible for
saturation effect in the q-axis is the presence of the ribs in the rotor structure. Saturation effect on
machine main characteristics is deeply discussed in [33, 23, 31, 29, 1, 15].
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A typical saturation effect on d- and q-axis fluxes in SynRM is shown in Fig. 2.4 [28]. The rated
current of the machine is 10 A. This figure shows that the saturation is normal under nominal
condition in SynRM especially in d-axis.

Fig. 2.4: Typical magnetizing characteristic of d- and qaxis in a SynRM with rated 10 A current [28].

Page

Fig. 2.5: Typical magnetizing characteristic including
the cross-coupling effect of the d- and q-axis in a
SynRM with 30 A rated current [1].

2.3.2 Cross-coupling
The dependency of each axis flux to another axis current in eq. 2.6 expresses another nonlinear
effect in SynRM: Cross-coupling or cross-magnetization. Particularly the dependency of λdm on

iqm can present the well known armature-reaction effect, in other words, demagnetization of the
d-axis occurs due to a large q-axis current [28]. A typical cross-coupling effect is shown for a
machine with 30 A stator nominal current in Fig. 2.5 [1].
The cross-coupling effect is mainly due to the shared iron part of the rotor between d- and q-axis,
also the rotor ribs increase this effect [1]. Cross-coupling also effectively reduces the q-axis flux.
A typical effect of cross-coupling on machine inductances is measured and modeled in [31, 23].
Both saturation and armature-reaction effects reduce the machine torque by decreasing the d-axis
inductance.

2.3.3 Slotted stator
The slotting effect in SynRM is modeled in eq. 2.6 by the dependency of magnetization
inductances to rotor position ϑ . This issue is deeply discussed in [33, 41].
A schematic rotor position relative to the stator at 4 different situations is shown in Fig. 2.6 when
the rotor is rotating one stator slot pitch. Considering the central segment (CS), there are two
extreme situations. The first position is when the rotor is as in Fig. 2.6.a, when teeth and segments
are in phase. In this case the total reluctance of the flux path that includes the CS is minimum and
therefore Ld is at its maximum value. The second position is when rotor changes to the situation
shown in Fig. 2.6.c, when teeth and segments are in opposition. Now the total air gap reluctance
that the CS is facing is maximized and therefore Ld is at its minimum. Similar behavior for the qaxis inductances is discussed in [41]. When the rotor is in the situations that are shown in Fig.
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2.6.b and 2.6.d, CS shares half of the stator teeth and slot and thus applying eg. a d-axis flux
causes some q-axis flux also. This shows an interconnection effect between d- and q-axis
inductances that is caused by the stator slots [41].
The change of inductances due to rotor position firstly produces torque ripple and secondly high
flux fluctuation deep inside the rotor segments and consequently iron losses in the rotor body [33,
3, 43]. If the slotting effect during the rotor design stage is not attended then the iron losses in the
rotor can be comparable with the rotor copper losses in an equivalent IM [43].

Central segment

(a)

(b)

(c)

(d)

Fig. 2.6: Comparison of rotor segments position with reference to the stator teeth in four different situation when
the rotor is rotating one stator slot pitch from (a) to (d) [41].

The torque ripple reduction can be achieved effectively (acceptable for traditional IM
applications) by adopting the skewing technique [41]. The torque ripple can not be completely
eliminated by the skewing, because, as was discussed above, at rotor positions in Fig. 2.6.b and
2.6.d there is always an interaction between the d- and q-axis fluxes due to the effects of stator
slotting [28, 41].
Nevertheless rotor skewing, the rotor slot pitch has a significant contribution to the reduction of
torque ripple and can therefore be used to minimize the ripple. Some design idea regarding this
can be found in [33, 37, 39, 40, 44].

3

3.1

ROTOR GEOMETRY REALIZATION TECHNIQUES

Rotor geometry classification and development history
Mainly there are three different types of SynRM with anisotropic rotor structures, see Fig. 3.1.
The salient pole rotor as the first possibility is made by removing some iron material from each
rotor in the transversal region, see Fig. 3.1a.
In the axially laminated rotor, which is the second type of SynRM, the laminations (iron) are
suitably shaped at each pole and insulated from each other using electrically and magnetically
passive materials (insulation) and the resulting stacks are connected through pole holders to the
central region to which the shaft is connected , see Fig. 3.1.b.
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In the third type of rotor the laminations are punched in the traditional way. Thin ribs are left
when punching, thus the various rotor segments are connected to each other by these ribs,
Fig.3.1.c.
The SynRM does not have a starting torque characteristic, and introducing a traditional cage to
the rotor structure can add an asynchronous starting torque. But by using the modern inverter
technology, suitable field oriented control and PWM technique without inserting the cage to the
rotor, the machine can be started from stand still.

Fig. 3.1: Possible rotor design for a SynRM: (a) Simple salient pole (SP) rotor, (b) Axially laminated anisotropy
(ALA) rotor, (c) Transversally laminated anisotropic (TLA) rotor [45].

A brief history of alternative rotor geometries can be useful to understand SynRM, see Fig. 3.2.
The rotor in Fig. 3.2.a is obtained by removing of material from a conventional induction motor
rotor, either by a milling operation after casting the cage, or by punching before casting the cage.
Rotors of this type (‘synchronous induction motors’) have a simple construction, but the saliency
ratio is too small to give competitive performance [23, 46].
Fig. 3.2.b shows the salient pole construction, like a conventional salient pole synchronous motor
with the windings removed. An unsaturated inductance ratio of about 3 has been reported for this
kind of rotor decreasing to about 2.5 under load. No value of saliency ratio higher than 3.8 has
been reported [23].
Despite the poor saliency ratio the other performance characteristics of salient pole geometry are
also not acceptable, because, if the inter-polar space region in the q-axis is spread to reduce Lq, it
also results in narrowing the pole space in the d-axis thus also reducing Ld. In this case other kind
of rotor configurations, for example barrier ones must be employed to improve the machine
performances [46].
A one barrier configuration, Fig. 3.2.c and Fig. 3.2.d, is also not sufficient to improve the
machine performance [46]. The configuration in Fig. 3.2.d is derived from the synchronous motor
with interior PM, if the PMs are removed.
Therefore the number of barriers must be increased. As early as 1923, Kostko [30] analyzed a
rotor of the form of Fig. 3.2.e, see also Fig. 3.3.a, embodying several features of both the main
schools of later development, including the use of multiple flux barriers, segmental geometry and
a q-axis channel.
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Fig. 3.2: Historical evolution of different alternative rotor geometries [23, 46].

Kostko also points out the essential limitation of the salient pole design, namely, that if the
interpolar cut-off is widened to decrease the q-axis inductance, the pole arc is thereby narrowed,
producing an unwanted reduction in Ld. He concludes, in effect, that the multiple barrier or
segmented arrangement is the natural way to make a synchronous reluctance motor because it
involves no sacrifice of pole arc in the d-axis [30, 23].
Subsequent workers, generally aware of Kostko’s work, see Fig. 3.3.a, developed the geometry
along two main lines: the segmental geometry, see Fig. 3.2.e and Fig. 3.3.b (Fratta and Vagati),
and the axially laminated geometry, see Fig. 3.2.f.

(a)
(b)
Fig. 3.3: One of the first transversally laminated anisotropy (TLA) rotor structure [30] (a), and its related modern
developed and refined type [37] (b).
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3.2

TLA and ALA comparison
As is mentioned in the last chapter the recent development in the rotor structure design is focused
on two major types: TLA and ALA, see Fig. 3.4. Here an ultimate comparison between these two
is investigated, which is reported in [1] and somewhat also in [28].
In practice, the better suitability of TLA structure to industrial manufacturing is evident. In this
case, the rotor lamination can be punched as a whole, like for other more traditional machines.
The axially laminated structure, on the other hand, is theoretically appealing, because it looks the
nearest to an ideal “distributed anisotropic structure”. However, this is only true for a two-pole
structure (p = 1), while, for p 1, it has been shown in [47] that the ideal structure should have a
variable ratio between the depths of magnetic and non-magnetic structures [1].
Moreover, the above considerations only apply to an ideal slot less stator, while the usual toothed
stator structure enhances in a practical axially laminated motor both torque ripple and additional
iron losses [1].
Regarding torque ripple, this is due to the rotor magnetic reaction to stator slot harmonics, as
explained in [44]. Of course, a torque ripple is present also in the transverse-type of motor [41].
However, in this case the rotor can be easily skewed, while this is clearly unpractical for an
axially laminated rotor. On the other hand, stator skewing is normally avoided, because it is a
disadvantage when using automatic winding facility [1].
Regarding the additional iron loss in the rotor of the axially laminated type, they have been
analyzed by [18] and confirmed by [27]. They can be explained in different ways. In [48] a
simplified analytical model is given, valid for p = 1, which suggest that these losses are due to
flux oscillations in the deep rotor iron due to the effect of stator teeth. On the other hand, a
different explanation is given in [27], where these losses are allocated to eddy current induced in
the rotor laminations by harmonic fields. Anyway, apart from the explanation, the amount of
additional loss is considerable and represents a further drawback for the axially laminated type of
rotor construction [1]

Fig. 3.4: High anisotropy rotor structures with axially (a) and transversally (b) lamination [1].

The above cited reasons are largely sufficient to choose the transverse-laminated type of rotor.
However, the persistent interest on the other type is probably due to the believe that the axially
laminated rotor gives a better saliency. This is not correct as comparable anisotropy values are
obtained from both rotors, of course, when the pole number is the same. Ten is a typical, non
saturated value for four-pole machines while it can grow up to 20, for a two-pole rotor [1].
However, the unsaturated saliency ratio clearly gives insufficient information about motor
performance. This is due to both the highly nonlinear magnetic behavior and the existence of a
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trade-off between rotor magnetic insulation and allowed stator MMF at fixed power dissipation
[33, 2], [1].
Moreover, with reference to general purpose drives, the transverse laminated structure leads to a
motor which could be even cheaper than the IM, because casting is avoided [1].
3.3

Comparison of SynRM and IM
Induction motors are the world wide most used motor in industrial and civil applications, due to
its low cost, robustness and the possibility to be supplied directly from the mains, without the
need for a power electronic converter. However, when the application requires speed regulation,
different types of motor can be profitably adopted and parameters as torque/volume, efficiency
and control easiness assume more importance [11]. A comparative definition of machine
parameters for both SynRM and IM is shown in Fig. 3.5.
For the TLA type SynRM, production cost is comparable to IM and somehow it can even be
cheaper due to the cage elimination in the rotor and the removal of casting stage in the production
line. If the same stator size is chosen as the IM then just by changing the punching tools for the
rotor geometry the SynRM can be produced with the same production line [11]. Also TLA can
easily be skewed like IM for torque ripple reduction.
x=r/R

(a)

(b)

Fig. 3.5: Schematic section and comparative definition of the rotor geometric parameters for SynRM (a), and IM (b)
[4].

If the stator structure and air gap diameter are kept constant for both IM and SynRM it is quite
easy to compare their performances [33, 43, 28, 21].
The analysis is based on estimating torque ratio between the two machines by using some
experimental values at the operating point and main machine electrical parameters [28].
In SynRM there is no cage in the rotor and consequently lower copper losses. Therefore the rated
current can be increased for the same power dissipation or same temperature rise for both
machines. It is shown that in this situation the SynRM can produce 20% to 40% higher torque
compared to the IM. Also at the same stator current the SynRM, ξ ≈ 10 , produce about 90%100% of the IM torque with about 50% lower total losses and consequently a higher efficiency of
about 5%-8% - unit [11].
If the stator structure can be changed then the optimum machine geometry for maximum stall
torque at constant loss power dissipation shows that the SynRM with the ribs always has higher
torque density than IM with a copper cage [32, 4]. Also it shows that the optimum air gap to outer
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diameter ratio, (x) in Fig. 3.5, for maximum stall torque is not the same in both machines. Its
value for IM is around 0.6 and for SynRM it is around 0.5 see Fig. 3.6 [4].

Fig. 3.6: Stall torque versus inner to outer diameter ratio (4 pole machine) at the optimum air gap flux density and
same power dissipation, overall design and optimization of Fig. 3.5 geometries [4].

These analytical calculations are also verified by measurement [11, 5, 24, 16].
No copper losses in the SynRM rotor also result in cooler shaft and bearings. SynRM has higher
overload (T) capacity compared to the IM and it can reach up to 3 times nominal load [1, 31]. The
high saliency and anisotropic rotor can be used to adapt the sensor-less and zero speed control
techniques [11].
SynRM has 5% to 10% lower power factor than IM. This is due to the combined effect of cross
coupling and larger q-axis inductance. The large q-axis reactance is an inherent drawback of the
SynRM. It depends on the different field distribution in the rotor and cannot be overcome.
Moreover, the flux in the rotor ribs adds to this effect [11]. In practice, this drawback becomes
important when a large constant power speed range is requested by the application [11, 3, 16].
In fact, the inverter oversizing which is needed in this case to cope with a fixed constant power
speed range directly depends on the rated

λq
value. The larger this value is, the larger is the
λd

inverter oversizing. However, this drawback can be overcome by introducing some permanent
magnets into the rotor [11], thus changing from a TLA SynRM to a Permanent Magnet Assisted
Synchronous Reluctance Motors (PM SynRM) [3, 49]. Inverter size is also related to the machine
efficiency. Therefore the required inverter size can be judged by the product of efficiency and
power factor (η ⋅ cos ϕ ) .

4

Page

BASIC CONTROL CONCEPTS
Current angle control is straight forward and a natural way to control SynRM see eqs. 2.12 and
2.7 [33, 26, 42].
Constant torque trajectories according to eq. 2.12 are hyperbolas in current dq-plane, see Fig. 4.1.
The constant voltage trajectories can be expressed according to eq. 4.1, see eq. 2.4.
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This equation shows that constant voltage trajectories are ellipses as it is shown in Fig. 4.1.

em
ω ⋅ Lqm

2

= (iqm ) + ξ 2 ⋅ (idm )
2

2

(4.1)

Point A is the maximum torque per current control point and B is the maximum torque per
voltage or maximum rate of change of torque control point. It is clear that the terminal stator
current angle must be increased to compensate the air gap flux displacement due to saturation,
cross-coupling, winding leakages and iron losses see Fig. 2.3 and compare the stator flux vector
λ and air gap flux vector λm [42].
iqm
∆θ
im

d-axis magnetization
characteristic, see Fig. 2.4

im

θ

idm
Fig. 4.1: SynRM current dq-plane and full operation

Fig. 4.2: Saturation compensation by current angle

trajectory (ABC) (below base speed A and field-

control.

weakening ABC) [27]. Saturation is disregarded here.

Saturation, mainly in the machine d-axis, reduces Ldm and consequently torque for a certain
current see point A in Fig. 4.2. By increasing the current angle the d-axis current is reduced to
point B. Therefore the level of saturation and also air gap flux density are reduced also Ldm and
torque are increased and compensated [42].
The iron losses require an additional angle advance to ensure optimal torque per current operation
this is clearly shown in the vector diagram of Fig. 2.3. Compare the angle of stator current is and

im in that figure. Because of the iron losses, ics , the effective current vector im is pushed back
towards the d-axis by an angle. In order to have optimal torque per ampere operation, the stator
current is needs to be adjusted to an angle that is even larger than the angle needed when
saturation is considered alone [42].
To have optimal efficiency operation, an even larger increase in the current angle is required to
further reduce the flux and hence the core loss. The optimum occurs when the additional copper
loss associated with the increased q-axis current required to produce the torque offsets the
reduction in core loss [42].
The same idea can be used to compensate the loss of effective flux λm due to stator leakage, see
Fig. 4.3 and voltage drop over the leakage inductance.
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q

im

λ

θ
∆δ

λm

Lslis
d

Fig. 4.3: Winding leakage effect on useful air gap flux,

Fig. 4.4: comparison of different control strategies [26].

iron losses are neglected.

Saturation is disregarded in this figure.

Different strategies can be applied by current angle control, ie. a) Maximum torque per ampere
(MTA), b) Maximum power factor (MPF), c) Maximum rate of change of torque (MRT), d)
Constant d-axis current (CDC), e) Maximum efficiency (ME). MRT, MPF and MTA control
strategies are compared in Fig. 4.4. ME control becomes important if machine iron losses become
comparable to the copper losses. Otherwise MTA and ME are equivalent [26, 42, 25]

SYNRM – DESIGN ASPECTS
5
5.1

PARAMETER CLASSIFICATION AND DESCRIPTION FOR TLA-ROTOR
Design or selected parameters
To get realistic sensitivity analysis results for these parameters, macroscopic parameters, it is
more efficient to examine their effect on targeted variables by FE instead of theoretical
calculations.

5.1.1 Power
There are several papers, which present laboratory measurement of a prototype SynRM, for a
wide power range, less than 0.2 up to 110 kW [20, 21, 13, 14, 11, 1, 7, 18, 15, 16, 19, 12, 17, 5].
Regarding the power selection, if the maximum achievable improvement of efficiency is targeted
for the SynRM in comparison to the IM for the same frame size the following equation can be
used for a rough estimation:

∆η =

1
y 1
1+
−1
x ηI

− ηI

(5.1)

As a primary estimation, in eq. 5.1, y is the total losses ratio typically 0.63 and x is output power
ratio = 1.00 for the SynRM over the IM, at the same speed (1500 rpm) and for the same output
power, for similar comparison refer to [33, 21, 16]. This equation is demonstrated in Fig.5.1.
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Fig. 5.1: The maximum expected efficiency improvement of a SynRM in comparison to the IM for the same size,
speed and output power.

Normally the efficiency of IM increases if the nominal power increases, this graph shows that for
low rated power of the IM, the SynRM can be much more efficient than the IM.
In this report a 15 kW IM, is chosen because its manufacturing volume is high, but this choice is
completely related to the application. For traction application (HEV) 30 to 60 kW is suggested in
many papers. This power level has been chosen and reported in [22].

5.1.2 Pole number 2p

The pole pair number has a strong influence on the SynRM performance. A comprehensive
description is given in [4] that also include the effect of pole number on the saliency ratio which
will be presented here.
The anisotropic behavior of the general multiple-segment structure (TLA) is analytically treated
in [2], [33]. The most important conclusions are presented below.
A d-axis sinusoidal magneto motive force (MMF) leads to an inductance (Lmd) which is
practically equivalent to the magnetizing inductance of an induction motor, for a given air gap.
A q-axis sinusoidal MMF leads to a q-axis inductance which is the sum of two terms. The term
Lcq is related to the fluxes that circulate across the segment ends, as shown in Fig. 5.2, while the
term Lfq is related to fluxes flowing through the segments and involving the insulation layers
between segments. When ribs connecting segments are present, a rib flux must also be added.
This flux is strongly limited by iron saturation.
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Circulating
q-axis flux
component

d
q-axis
component
of MMF

Going
through
q-axis flux
component

Fig. 5.2: Going through and circulating components of q-axis flux in the k-th segment and its related rotor barriers

(ξ ) definitions (left) and the stator per-unit MMF excitation in the q-axis (MMFq)
magnetic potential response (rk ) to the average MMFq over the k-th segment (f k ) .

opening (slots) angularposition
and the k-th segment

Circulating flux is shown by the shaded area (right) [4].

It is shown in [2] and [33] that the ratio Lcq/Lmd is independent of the pole-pair number p, but
decreases as the number of segments per pole-pair is increased. If each insulation layer is seen as
a pair of nearly closed slots, the Lcq inductance is practically equivalent to the rotor zigzag
inductance of an induction motor Lzr. Thus eq. 5.2 can be adopted [32], [10] (eq. 7.33, page 197
in [10]), where nr is the number of rotor “slots” per pole. As can be seen, the ratio in eq. 5.2

rapidly decreases with nr , for nr = 9 , Lcq is reduced to 1% of Lmd.

Lcq
π2
≅
Lmd 12nr 2

(5.2)

In contrast, the ratio Lfq/Lmd is practically independent of nr, but depends on p. As a first
approximation, a linear dependence on p can be supposed. Moreover, Lfq depends on the
permeances of the various insulating layers. However, in the simple but effective case of equally
spaced “slots” and uniform permeance distribution, eq. 5.3 can be used. This states that Lfq is
inversely proportional to the internal gap la, measured along the q-axis, and Lmd is inversely
proportional to the air gap width g:

L fq
Lmd

≅ (const.) ⋅ p

g
la

(5.3)

In conclusion, to obtain high anisotropy, first a sufficiently large number of rotor segments must
be chosen, together with a low pole number. Then, the internal gap ‘la’ (see Fig. 5.3) should be as
large as possible. Of course, ‘la’ can not be chosen freely but must be related to the choices of
main flux and inner diameter.
These considerations are valid in general for both axially and transversally laminated structures.
In addition, when the latter is chosen, the rib flux must be conveniently limited. Since the rib
width is practically independent of ‘p’ while the main flux decreases with p, the choice of a low p
number is once more recommended [4].
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Rotor
slots
opening

Fig. 5.3: Definition of amount of air in q-axis parameter

Page

(la ) and rotor slot openings [4].

In this report, 2 or 3 pole pair number is suggested which is also compatible with the
manufacturing of the most frequently sold product and has a high priority in this study. More
analysis related to effect of p is out of the scope for this report, and it will require more
investigation on the different reactances of the machines.
5.1.3 Flux barrier and segment
Field surveying of rotor flux lines [5, 30] without slots for selecting the number of segments per
pole-pair is essential. That is necessary if in the final geometry, the maximum saturation in the
rotor segments is required to be lower than saturation in the stator back (see Fig. 5.4 B & C and
Fig. 5.6).
There is an essential rule for the design of SynRM: the rotor’s slot pitch must be equal to (or
multiple of) the stator’s [2]. Also there is an optimum value, because the higher the number of
segments, the lower becomes the rotor iron losses [3].
The segments sizes in the q-axis inside the rotor body in Fig. 5.4.A [2] and Fig. 5.5 [32] have a
specific pattern; the size of the segment is reduced as the radial distance of the segment from rotor
center is increased.
Putting segments inside the rotor is important to increase the d-axis inductance as much as
possible. This inductance will characterize the rotor reaction to the stator MMF in the d-axis
(MMFd).
In ideal condition it can be assumed that MMFd has a sinusoidal shape with a maximum in the daxis. Therefore the amount of MMFd which each rotor segment is facing is reduced by increasing
the angular distance of segment end in the air gap from the d-axis; and consequently the
necessary thickness of iron in that segment is reduced.
By this assumption it is insured that the flux density in all segments are the same and iron
utilization in rotor will be increased.
A straight forward assumption for segment size is that it should be proportional to the average
MMFd which that segment is facing in the air gap. This MMFd reduces sinusoidally with the
segment end angle in the air gap from the d-axis; therefore the segment size is also reducing
sinusoidally.
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Segment Width

B

A

Fig. 5.4: A) Segment width [1], B) flux in standard IM rotor, C) natural flux path in rotor without any barrier.

Considering that, the number of rotor segments ideally should be as high as possible (see eq. 5.2),
the motor performance will then be better [2, 3, 4]. However, from the mechanical and
manufacturing point of view in order to avoid the axially laminated model, the number of
segments must be limited to a reasonable value, see Fig. 5.5.
If the number of segments is limited then the circulating component of q-axis flux (see eq. 5.2)
can not be reduced any more, and the improvement will be concentrated on the going through
component (see eq. 5.3) of the q-axis flux. This means that the amount of air in the q-axis must be
maximized (high ‘la’) to reduce Lq as much as possible.

Fig. 5.5: Comparative definition of rotor parameters in a) SynRM TLA type and b) IM [32]

By keeping the segment size constant all along the segment length inside the rotor and also
sinusoidally reducing the width of upper segments then for machines with more than two poles it
is possible to increase ‘la’ by increasing the barrier widths from the end toward the q-axis, see
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Figs. 5.4.A and 5.5. This is possible because the total available space for both barriers and
segments in the d-axis will be smaller than in the q-axis and eq. 5.3 suggests higher ‘la’ in the qaxis and not in the d-axis. Actually increasing air in the d-axis is not suggested because it reduces
the rotor capturing capability of stator MMFd and therefore the d-axis inductance.
For a specific 4 pole stator with 36 slots, which is also the case in this report, calculation of the
number and width of flux barriers in the rotor shows that 2 or 4 for flux barriers plus one cut-off
barrier in front of the q-axis is suitable [6, 7].

Fig. 5.6: Introduction of flux barriers in the rotor structure (b) with minimum disturbance to the main flux path in
the rotor (a) [5].

This fact can be explained with reference to Fig. 5.4.C. If the rotor slot pitch is considered to be
equal to the stator slot pitch, it clear that the number of active stator teeth in the flux path is 4
teeth per half pole, which is equivalent to 3 flux barriers plus one cut-off barrier. Fig. 5.7.b also
demonstrates such conditions for a two pole machine with 2 stator slots per pole per phase which
has 3 stator active teeth in the flux path [2].

Fig. 5.7: Segmenting rotor proportional to stator active teeth number in the main flux path (b) which is equivalent to
2 barriers and one cut-off [2]. These are also suggested designs to reduce the rotor iron losses in the rotor specially
(a) [2].

Surveying IM rotor structure as it has been optimized through years it has been found that the best
number of rotor slots for a 36 slots stator is 28. this is shown in Fig. 5.8.A. From air gap point of
view it is obvious that, the optimum number of rotor slots for maximum utilization of the
magnetic circuit with minimum distortion of the natural field path inside the rotor and also for
reduction of torque ripple is 7.
Using this concept for SynRM and introducing barriers: 1 proportional to rotor slot 1, 2
proportional to rotor slots 2 & 3, 3 proportional to rotor slots 4 & 5, 4 proportional to rotor slots 6
& 7, will result in a SynRM rotor geometry as shown in Fig. 5.8.B.
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A

B

Fig. 5.8: IM rotor slots number: A, and related SynRM barriers: B.

Of course for IM, internal barriers are not necessary, because the current in rotor bars will force
the flux pass through the rotor internal body as it is shown in Fig. 5.4.B. But for SynRM they are
necessary, because of the absence of the rotor current.
The main idea is that the IM is also a kind of SynRM, because when rotor bars have current then
from air gap point of view the rotor is electro-magnetically acting like an anisotropic structure
and it is letting the flux pass smoothly along one axis and blocking the flux along the other axis.
Again a rotor slots pitch for SynRM equal to or multiple of stator slots pitch is emphasized, which
means 2 or 4 barriers for a 36 slot stator.
Effect of [ N L ], the number of layers per pole (laminations + barriers), on Ld & Lq for a machine
with 3 slots per pole per phase, is demonstrated in Fig. 5.9 [23].

Fig. 5.9: Typical behavior of Ld and Lq with changing

N L [23]. In the figure 1.0e1 is equal to 10, also Ld values

must be multiplied by 100 and Lq values by 10 to get the inductances in mH.
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Actually for N L > 8 , increasing the number of barrier, have little effect on machine inductances.
Fig. 5.9 shows that 4 is a suitable number of barriers for this stator. Furthermore, varying N L has

little effect on Ld, But has a big influence on Lq if N L < 3 . For N L > 10 Lq is almost unaffected.

5.1.4 Rotor barrier Insulation ratio
For purposes of comparison between different geometries and to have another criterion to judge
between different designs and also for final tuning of the primary designs, it is useful to define the
ratio:
Wins

Kw =

( 5.4 )

Wiron

Wins - the sum of the widths of the flux barrier layers
Wiron - the sum of the widths of iron layers (Segments - flux guides)
Clearly, when Kw = 0, the rotor is assumed to be completely made of iron, (i.e., no saliency).
When Kw = 1 the rotor is constructed of lamination segments in which the air space and
lamination segments are equal [29, 12] .
Normally this definition is used, when the subject is the ALA type of SynRM, but with the
following discussion, it will be shown, that it is also a good tool for tuning the barrier shape near
the air gap, and also for maximizing the iron utilization in the rotor body and increasing the
barrier width in the q-axis.
If the minimum insulation ratio in the rotor near the air gap is assumed to be equal to that in the
stator k wg and the insulation ratio in the q-axis k wq , the maximum total required segment
thickness in the q-axis is, see Fig. 5.10:

Wsq =

l ⋅k
(1 + k wg )

(5.5)

Where (k) is MMF factor and (l) is the half of one pole length in the air gap, and:

k wq

D DRI
−
− Wsq
2
= 2
Wsq

For stator of the machine which is being studied in this report k wg ≈

(5.6)
BSS1
6 .5
=
= 0.81 . Using
BTS1 7.99

the above equations gives k wq = 0.96 (k=0.8 is related to air gap MMF distribution and number
of active stator teeth in the main flux path). Increasing the insulation ratio in the q-axis effectively
will reduce Lq.
Fig. 5.11 shows the flux density in different part of a machine that has constant barrier width rotor
design. Because of the high insulation ratio near the air gap some stator teeth are blocked with
rotor barriers and this reduced the flux densities effectively in some stator teeth, specially in the
second and forth stators teeth (marked with a white circle). For modification a Kwg (insulation
ratio near the air gap) reduction for the rotor is necessary.
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q − axis

l=

k wq

π
2p

( D / 2)

k wg

π
2p
DRI
2

D
2

d − axis

Fig. 5.10: Half pole overall geometry schematic for a p

Fig.

5.11:

Primary

design

without

modification

pole-pair machine.

regarding the insulation ratio near the air gap.

Insulation ratio has been studied in different papers [29, 12, 23, and 30]. In Fig. 5.12 the
normalized inductances (with respect to their values when Kw=0), are shown [29]. Fig. 5.12
presents the typical effect of insulation ratio on torque, which is proportional to (Ld-Lq), a value
between 0.2-0.6 seems to be an optimum value for the average insulation ratio in the rotor.
Fig. 5.12 shows that introducing air to a solid rotor especially in the q-axis does not have a
significant effect on Ld, but Lq is highly affected (see also [30]). Actually in order to have a high
reluctance saliency and a high reluctance difference, the main aim is to find an optimum value for
Lq without highly disturbing Ld.
A general rough rule for a primary design (max. torque) of rotor structure is evident from the
claim in the last paragraph, this should be combined with the knowledge that the number of
segments must be as high as possible, of course taking mechanical limits into considered:
Firstly decide on the number of barriers per pole (normally higher than the number of stator slots
per pole per phase, q), then secondly define an insulation ratio especially in the q-axis, and
finally, by using some simple finite-element method try to find best insulation ratio in the q-axis.
Such kind of design procedure is used in [15, 16, 36, 33 (Lipo, Miller and Boldea), 23 and
somewhat in 12] and all ALA type designs.

Kw
Fig. 5.12: Lmd, Lmq and (Lmd-Lmq) vs. Kw resulting from the finite-element study of a SynRM with 24 stator slots
[29, 33].
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Actually the shape and position of the barriers in the rotor has a small effect, if maximum torque
is targeted.
5.1.5 Tangential and radial ribs

Certainly the rotor structure of Fig. 5.11 is not mechanically self-sustained. Somehow the rotor
segments must be interconnected to each other. One way is to introduce radial ribs in the q-axis
and tangential ribs near the air gap, see Fig. 5.13. These ribs will be saturated by q-axis MMF,
during normal operation. And therefore disconnect the different segments from each other from
the magnetic potential point of view.
Tangential ribs

Radial ribs

A

B

Fig. 5.13: Tangential and radial ribs in the rotor structure [31, 32], A) The additional q-axis flux required, to
saturate the ribs. B) Definition of two different ribs.

The approximate effect of introducing ribs based on figure (A) above is presented in [2, 32, 33,
34], based on the extra flux (λr ) needed to saturate the ribs at Bs=2T. This directly causes a
torque reduction, which can be estimated by eq. (5.7) [2].
(5.7)
It is clear that this torque loss is proportional to p 2 and the rib width w which is of course
dependent on the mechanical limit. The effect of radial rib width on machine (see Fig. 5.13.B)
inductances is presented in [31], and is shown in Fig. 5.14.
The effect of this flux loss in the q-axis is much more complex, see also [34]. This can be
explained by Fig. 5.14 as, increasing the rib width will change both Ld and Lq equally
∆Lq ≈ ∆Ld . However the relative change compare to the base values is much greater for the
inductance in the q-axis than in the d-axis. Actually the Ld reduction is caused by the increase of
the effect of the q-axis cross-magnetization on the d-axis [31] and not directly by increasing the
rib width. The current in the q-axis is normally greater than in the d-axis, this means that
∆λqr >> ∆λdr , due to the introduction of the ribs. It is reasonable to assume that

∆λr ≅ ∆λqr and ∆λdr ≈ 0 .
Torque (which is proportional to (Ld - Lq)) reduction is direct proportionality with the rib width
which is evidential from both eq. 5.7 and the finite-element analysis results shown in Fig. 5.14.
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Fig. 5.14: [31],
( web = rib )

5.1.6 Air gap length
The air gap length ‘g’ has a considerable effect on the d-axis inductance Ld, but no effect on the
q-axis inductance Lq. Result from a study is presented in [31], which is shown in Fig. 5.15. This
figure shows that ‘g’ must be kept as low as possible, in order to increase the torque only limited
be due to mechanical considerations. If the torque ripple is considered this ‘g’ reduction will
increase the torque ripple (also the iron losses), because of the increase in the Carter’s factor but,
this is general for all slotted stators. With this situation circulating flux at the end of segment is
also increasing.

Fig. 5.15: [31],

The fact that Lq is not affected by the change in the air gap length can be explained by the
positive effect of d-axis cross-magnetization on the q-axis inductance and the different nature of
Ld and Lq.
Generally the d-axis inductance is inversely proportional to ‘g’, total air gap that the d-axis flux is
crossing, and Lq is inversely proportional to ‘(la+g)’, total air gap that the q-axis flux is crossing.
As (la>>g) Ld is much more sensitive to air gap changes than Lq. This subject is widely
explained in [20, 23] and somewhat also in [33].
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Design variables
Based on design parameters a simple theory can be used to determine the best final geometry by
using some intermediate design variables or microscopic parameters.

5.2.1 Position and Size of barriers
The basic goal is to find a suitable procedure for positioning and sizing the flux barriers in the
rotor body for a selected number of barriers and insulation ratios. The criteria here is to reach
maximum anisotropy and best rotor design, in order to obtain optimal performance values of
torque, power factor, torque ripple and efficiency. This is a difficult task at first view, because
there are a lot of geometrical parameters, each one of which introduces a degree of freedom in
designing of the rotor structure. Such parameters are defined in Fig. 5.16. It is obvious that if
another barrier is introduced in the rotor the number of combinations will be doubled.
Directly working with just geometrical parameters is a time consuming process which is not
supported by any electromagnetically based theory. Such kind of analysis finally breaks down to
the solution of the problem of finding suitable mathematically based optimization strategies. Most
of these solutions present a time consuming procedure combining some kind of finite-element
calculation with mathematical optimization algorithm. For some examples related to this issue
refer to [7, 8, 18 and 35].

θb

W1
2α

Yq

W2
W1d

Fig. 5.16: One Barrier involving geometrical parameters.

It is clear that by using finite-element calculation it is possible to overcome the nonlinearity
nature of the problem, especially saturation, but mathematical optimization can be avoided.
For this purpose a theoretical behavior explanation (qualitative and parametric) is necessary.
After that a translation between geometric parameters and theory and vice versa is needed.
Fortunately, for the first time, in 1923 a theoretical analysis of a possible anisotropic rotor
structure and its behavior has been presented by: J. K. Kostko [30] and his works developed by A.
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Vagati during 1980s and 1990s, [33, 34, 32, 2] also [31]. The main ideas of these works are
presented here.
5.2.2

Basic theory of a transversally laminated anisotropic rotor (Barriers sizing)

Here it is assumed that the stator of SynRM and IM are the same. This assumption is not valid if
someone is looking for the best SynRM performance which will require an overall review of the
rotor and stator structure design. But the same concepts can be used for a general approach theory
[2].
It has been shown that for the same outer diameter for both SynRM and IM the best inner
diameter will be chosen to achieve the main goal (max. of: PF, T/Amp …) [18] and will depend
on the machine type. But roughly for maximum stall torque the inner diameter needed for a
SynRM is smaller than for an IM for the same ohmic power dissipation [4, 32, 18 and chapter 2].
Some of these basic concepts have been used in the last chapters’ discussion, especially ch. 5.1.2,
5.1.3 and 5.1.5.
For simplicity saturation, stator slotting, iron potential drop, unperfect stator winding and MMF
distribution effects are disregarded without any major loss in the theory’s generality [30].

q-axis m m f

d

d-axis m m f

d
1

1

MMFq

MMFd
0

0
0

α

0

α

Fig. 5.17: The d & q-axis fundamental components of the air gap MMF(p.u.) and their corresponding flux
distribution.
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Any stator air gap MMF in synchronous reference frame from the rotor point of view has two
components in the d-axis (where the rotor has minimum reluctance) and the q-axis (where the
rotor has maximum reluctance), see Fig. 5.17.
Generally, the rotor structure must satisfy the following requirements [33]:
-

The direct-axis flux has to flow across the whole pole surface in order to obtain a large
magnetizing inductance.

-

The quadrate-axis flux needs to be minimized in order to get a low Lq.

Using these two rules simultaneously leads to a segmented rotor with a high number of segments.
These segments are oriented in the d-axis flux direction to minimize the d-axis reluctance, and
perpendicular to the q-axis flux path. The amount of air along the q-axis flux path and the
reluctance in the q direction are thus maximized.
When only a d-axis component (MMFd) is applied, the rotor magnetic potential and reaction is
zero. However, if a q-axis component (MMFq) is applied, the rotor magnetically reacts and each
segment gets a different magnetic potential; the central segment potential due to symmetry is
always zero [33]. See also chapter 5.1.2.
Schematically, the situation is shown in Fig. 5.18. As was mentioned in the last chapter the q-axis
MMFq cased two kinds of fluxes. One part of the flux flows through the segment, and the other
part circulates across each segment end, the circulating flux is represented in Fig. 5.18 (right) by
the shaded areas. For more details refer to [33].

α

k +1

∆α

sin

k

α

f

f( )

k

r

k

α

k

k

α

α

k +1

Fig. 5.18: The k-th segment air gap position parameters (left) and its related p.u. potentials reaction due to the qaxis p.u. component of MMF

(sin α ) [33, 37].

By using the following simple definition of the p.u. MMFq over the k-th segment:

fk =

1
∆α k

α k +1
αk

sin α ⋅ dα =

cos α k − cos α k +1
α k +1 − α k

,

(5.8)

and with some simple calculations [30, 33], the related flow through and circulating flux
inductances ratios can be calculated. For circulating inductance the equation below [33] can be
derived (compare with eq. 5.2):

Lcq
Lmd

=1−

4

π

f k2 ⋅ ∆α k
k

,

(5.9.1)
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and for the flow through inductance ratio [33] (see also [30]):

L fq

=

Lmd

4

π

(

)

f k ⋅ f k − rk ⋅ ∆α k
k

(5.9.2)

Using eq. 5.9.1 is straight forward (for some examples refer to [33]), but for eq. 5.9.2 some
geometric parameters related to the k-th segment are needed to calculate rk. Referring to Fig.
5.19, which shows the equivalent circuit of the k-th segment and by some mathematical
manipulations eq. 5.9.2 can be rewritten as a function of barrier dimensions [33].

L fq
4 p g
=
⋅
Lmd π 2 (D / 2)

k

(p

k

⋅ ∆f k2

)

Sbk
W 1k

where p k =

(5.9.3)

As the end points of barriers in the air gap were defined before, and consequently α k is constant
or selected, Sbk values will be constant and the main degree of freedom will be the dimensions of
the barriers width W1k, see Fig. 5.19. The total amount of air in the q-axis is defined by ‘la’ (see
Fig. 5.3).

la =

W 1k

(5.10)

k

Fr
q

S
G =µ
W1

k

bk

Φ

k

k

0

Φ =B S

k

k

k

gk

S
G =µ g

gk

gk

W1

k

S

0

mmf = F f
k

bk

q

k

Fig. 5.19: Equivalent circuit of the k-th segment (ideal) for the q-axis excitation [33], where
MMF,

(F ) is the q-axis
q

(Bk ) is the average air gap flux density over the k-th segment, (S gk ) is the air gap tangential length over

the k-th segment.

Minimizing eq. 5.9.3 with respect to eq. 5.10 will give for the h-th and the k-th rotor barriers [33]:

W 1k ∆f k
=
W 1h ∆f h

Sbk
Sbh

,

(5.11)

and related minimum inductance ratio becomes [33] (compare with eq. 5.3):

L fq
Lmd

min .

4 p kc g
≅
⋅
π 2 la

k

Sbk
∆f k ⋅
(D / 2 )

2

,

(5.9.4)
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Rotor segment k-th p.u. MMFd, responsible for the going through component of the segment
flux, which is part of the applied d-axis MMF is shown in Fig. 5.21 in such a situation.
One simple rule for dimensioning the segments can be based on the amount of MMFd that is
flowing through each segment (MMFdk). This will guarantee an almost constant flux density in
all segments. It will also increase the iron utilization in the rotor and reduce the non-uniformity of
the saturation level in the segments.
For maximizing the captured MMF by each segment it is clear that this rule can not be followed
close to the end points, and the segments near the air gap must be disconnected from each other
just by a small opening or rib. But for segment widths in the q-axis and all along the segment
except for 10% of the length near the ends, the width can be assumed to be proportional to
MMFdk, see Fig. 5.21.

α

k +1

∆α
seg. k th

fd ( )

k

α

f

dk

cos

k

α

k

α

k +1

α

Fig. 5.21: The k-th segment and its related p.u. applied d-axis MMF.

Therefore a simple segment dimensioning rule for the k-th and h-th segments can be written as
the equation below:

S k f dk
=
S h f dh

(5.14)

Where Sk is the segment width in the q-axis and f dk is the average p.u. MMF which is going
through the k-th segment and can be calculated as:

f dk =

1
∆α k

α k +1
αk

cos α ⋅ dα =

sin α k +1 − sin α k
α k +1 − α k

(5.15)

Barrier positioning at last in the q-axis can be derived from the segments and barriers widths for a
certain number of barriers and insulation ratio in the q-axis k wq .

( )

Positioning the end points if the general rules are followed for sizing the segment and barriers and
also almost fixing the end angles is not a difficult task at this stage. A suitable procedure will be
explained in details in the next chapters.
Using a simple theory the geometrical parameters in Fig. 5.16 can be replaced by general,
significant and expressive parameters like the design parameters described in the last chapters.
These parameters are for example insulation ratio, barrier number, end points position. This also
makes it possible to avoid directly dealing with geometric dimensions.
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Target variables
Every optimization and sensitivity analysis targets some goals with respect to the input
parameters this is also true for SynRM. There are some geometrical parameters that can be varied
and it is interesting to investigate the effect of these parameters on common target variables such
as torque, power factor, torque ripple, efficiency and generally the machine performance.
In SynRM another important issue is that the optimum value for target variables can be achieved
by both machine design and closed loop control, for example compare [31] with [25, 26].

5.3.1 Torque per stator current and Efficiency
For any kind of machine two important design characteristics are torque/Amp capability and
efficiency. In the SynRM torque is expressed by the equation below:

3 p
(Ld − Lq )⋅ id iq = 3 p (Ld − Lq )⋅ I s2 ⋅ sin (2θ )
(5.16)
22
22
Where (p) is the pole numbers, (I s ) is the stator rms current, and (θ ) is the current angle. On the
T=

other hand if iron losses are disregarded (low speed), efficiency can be obtain according to [18]:

P
η = 1 + loss
ωr ⋅ T
And for losses:

−1

(5.17 )

Ploss ≈ Pcu = 3Rs I s2

(5.18)

Introducing eq. (5.18) to (5.17) gives:
−1

η ≈ 1+

1

ωr

T
⋅
3 ⋅ Rs
I s2

( 5 . 19 )

The above equations clearly show that maximizing T/Is is equivalent to maximize the efficiency
if iron and stray losses are neglected compared to copper losses. Thus eq. 5.18 becomes valid.
This condition situation is almost true for low speed but for high speeds it is not correct. Also
normally high torque ripple due to poor design, affect the efficiency by increasing the torque
ripple and consequently the iron losses [3, 33] but it does not affect the average torque [33].
Actually iron losses are strongly dependent on flux fluctuation in the iron and therefore on the
torque ripple.
On the other hand eq 5.16 shows maximizing T/Amp is directly related to the (Ld-Lq)
maximization, and consequently some geometrical parameters become involved [31].
However, the geometrical parameters that affect the losses and efficiency could be different from
those involved in torque, in other words optimum point for torque can be different from optimum
point for efficiency. For more discussion regarding the effect of iron losses on the geometry
design refer to [3, 25, 26].
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5.3.2 Iron losses and torque ripple
5.3.2.1 Iron losses (total)

Iron losses can be divided into the hysteresis losses (first term in eq. 5.20), the classical eddy
current losses or Joule losses (second term in eq. 5.20) and the excess losses or high frequency
hysteresis losses (third term in eq. 5.20).
For each flux density harmonic in a semi-point area (flux density is assumed to be constant at all
points in that area) the total iron losses density, W/Kg is given by:

dPtot = k h B02m f 0 + π 2

2
3/ 2
d 2σ h
Bm (hf1 ) + ke Bmh (hf1 )
6

(

)

(

)

(5.20)

Where (B0 m ) is the maximum value of hysteresis curve flux density in a particular area with

( ) and (B ) is the h-th order harmonic with frequency (hf ) , (σ ) is the conductivity,
(d) the lamination sheet thickness, (k ) the coefficient of hysteresis loss and (k ) the coefficient of
h
m

frequency f 0

1

h

e

excess loss. Total iron losses are the sum of all the harmonics iron losses.
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Fig. 5.22: Air gap torque (left-bottom) and flux density (left-top) at a point in the middle of segment 4 (right),
variations over one electrical period. Finite element calculation was done just at 73 points which is quite low.
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If torque harmonics of different barriers in the air gap do not eliminate each other (for more
details related to harmonics elimination techniques refer to [39, 40]), it is roughly correct to
assume that the torque harmonics amplitude are directly proportional to the flux harmonics when
pure sinusoidal current is applied. Depending on the type of motor control, current or flux ripple
will produce torque ripple [33] and iron losses. Due to torque harmonic elimination it can be
claimed that minimum flux harmonics content are those that also exist in torque and Bmh ∝ Tmh ,
see Fig. 5.22. Such condition takes place if the machine is skewed.
Fig. 5.23 shows that factor Tmh ⋅ ( hf1 ) , (harmonic amplitude x harmonic frequency) spectrum,
from a finite-element (350 point/period) modeling for a SynRM supplied by constant current
source. The air gap space harmonic due to the stator slots, and the belt harmonics (order: 6h; h=1,
2, 3…) will be the most dominating harmonics [33].
This shows that the iron losses according to eq. 5.20 for high order slot harmonic could be as high
as for the low order harmonics. More study is needed to investigate the exact effect.
In a SynRM rotor it is expected that the flux density inside the rotor should be a constant due to
synchronism, but there are two different effects that cause flux density disturbances [33], and
consequently increase the iron losses inside the rotor. One is the space harmonic due to the slotted
air gap, and the second is directly related to the rotor structure which due to its anisotropic nature
interacts with the slotted air gap [33].
In a SynRM the rotor segments must periodically loose their flux when passing in front of the
stator slot. The flux of one segment must be transferred to adjacent segment in a very short time.

torque harmunic Amp. (Tmh) x harmunic freq. (hf1)

Bmh (hf1 ) ∝ Tmh (hf1 )
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Value

0
0

6

12

18

24

30

36

42

48

54

60

66

72

78

84

90

Harmonic
(h)
harm
unic order
num be
r

Fig. 5.23: Torque harmonic amplitude multiply with harmonic frequency obtained from FE modeling of a SynRM
with pure sinusoidal current supply.

The peculiarity of SynRM is that this flux change affects the entire segment length and cyclically,
the whole rotor. Normally, in other machines, only the near-to-air gap-surface zone is affected.
In comparison, IM rotor includes a shared rotor back iron structure which acts like an
accumulator for all rotor teeth flux variation, and by proper slot end positioning this will reduce
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the internal flux variation inside the rotor body effectively (at almost zero slip), see Fig. 5.5. But
the surface variation is not affected by this. Rotor iron losses in an IM are low compared to those
in the stator.
Indeed in the SynRM rotor iron losses could reach a level that can be comparable to the stator
([33] and a measurement result is presented for ALA-type in [27]).
Efficiency consideration could change and modify the design procedure compared to the strategy
of just maximizing torque.
Furthermore on changing of geometrical parameter, Fratta for example suggests [3, 33] the
introduction of barriers in the rotor in a suitable manners as shown in Fig. 5.7.a. There are some
other solutions to reduce the iron losses; for example using low loss magnetic material in the rotor
[12] or reducing the lamination thickness, also filing the stator slots ends with semi-magnetic
material to reduce the slotting effect in the air gap [12, 33].

5.3.2.2 Torque ripple

Analytically torque ripple estimation, is treated in [33] and deeply in [41] this is briefly presented
here:
If the first harmonic of torque ripple due to stator slotting is considered, the following equations
can be written (all equations from [33]):

Ld (ϑ ) Ldq (ϑ ) id
λd
∂λd ∂λq
=
⋅
;
=
Ldq (ϑ ) Lq (ϑ )
iq
λq
∂iq
∂id

(5.21)

Ld (ϑ ) ≅ Ld 0 + ∆Ld ⋅ cos(3 pqϑ )

(5.22)

Lq (ϑ ) ≅ Lq 0 − ∆Lq ⋅ cos(3 pqϑ )

(5.23)

Ldq (ϑ ) ≅ − ∆Ldq ⋅ sin(3 pqϑ )

(5.24)

Due to the inductances dependency to rotor angle, another term must be added to eq. 5.16 in
which (p) is the pole number:

∂λ
2
p
1
∂λ
T (ϑ ) ≅ (λd iq − λq id ) + id d + iq q
3
2
2
∂ϑ
∂ϑ

(5.25)

Of course the average value of the second term is zero, but this term dominates when it comes to
the torque ripple. By introducing inductances dependency to position in the above equation in a
one stator slot skewed machine, torque can be calculated by the following equation in which (p) is
the pole number:

T (ϑ ) ≅

3 p 3q
π
sin
( Ld 0 − Lq 0 )id iq + (∆Ld + ∆Lq )id iq cos(3 pqϑ ) − ∆Ldq (id2 − iq2 ) sin(3 pqϑ )
22 π
3q

[

(5.26)
Torque ripple has two components, first one is proportional to average torque (id.iq), and the
second term one is responsible for no load (iq=0) condition ripple.

]

MSc Final Project Report
ABB Corporate Research & KTH
Doc. title

By: Reza Rajabi Moghaddam

Page

Synchronous Reluctance Machine Design

38

∆Ld is caused by oscillation of the Carter’s factor, while ∆Lq is mainly related to oscillation of the
circulating flux component (Lcq) [33]. By using a distributed anisotropic rotor both these
parameters will vanish, but in this case ∆Ldq will not be zero, because of the presence of the stator
slots.
Considering eq. 5.25, regarding the effect of supply on torque and iron losses, there are two ideal
conditions: ideal current source or constant current condition, and ideal voltage source or constant
flux condition.
In the constant current case the main responsible for torque ripple is the second term of the torque
equation, where slot harmonics force the fluxes to change.
But in the constant voltage case slot harmonics effect cause harmonics in the current, and the
torque ripple is transferred from the second term to the first term. In this case fluxes are not
highly affected. (Refer to [33] for analysis from the control point of view)
From the torque ripple point of view these two ideal conditions do not change the ripple; it is not
clear what will happen if a control loop is introduced which combines these two ideal conditions
[33]. More study is needed to investigate the exact effect.
But from the iron losses point of view in the first case higher losses are expected due to bigger
flux variation compare with the constant voltage case. More study is needed to investigate the
exact effect.
An important geometrical parameter that affects the torque ripple is the number and position of
the barrier ends in the air gap. Based on this concept some suggestions are discussed in [37]. The
main rule is that the barrier number and positions are strongly related to the stator slot number.
5.3.3 Torque per kVA & power factor

Another two important performance characteristics are the torque/KVA and PF. Using eq. 5.16
and the vector diagram in Fig. 5.24 the T/Amp ratio can be derived according to the following.
Observe that

ξ =

Ld
Lq

is the saliency ratio, see also [18, 34]:

1
T = k1Ld p (1 − )is2 ⋅ sin θ ⋅ cos θ

(5.27)

ξ

KVA = k 2vs is = k 2ωr is L2d id2 + L2qiq2 =
= k 2ωr is Ld i +
2
d

KVA ≈ k2ωr Ld is2 ⋅ cos θ
Using the above equations we have:

iq2

ξ

2

≈ k 2ωr is Ld id =

(id >>

iq

ξ

)
(5.28)
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1
k1Ld p (1 − )is2 ⋅ sin θ ⋅ cos θ

ξ

k2ωr is L i ⋅ cosθ
2
d s

≈k

p

ωr

1
(1 − ) ⋅ sin θ

(5.29)

ξ

The fundamental apparent power factor, by using the ideal vector diagram in Fig. 5.24, is [23,
31]:

IPF = cos Φ = cos tan −1

Ld id iq
+
Lq iq id
Ld
−1
Lq

= (ξ − 1)

sin (2θ )
2(tan θ + ξ 2 cot θ )

(5.30)

This has a maximum value of [23]:

IPFmax =

ξ −1
ξ +1

with : tan θ = ξ

(5.31)

Eq. 5.29 for T/KVA and the above equations for IPF clearly show that the saliency ratio has a
great influence on these parameters. The higher the saliency ratio, the better are the PF and
T/KVA values. Fig. 5.25 shows variation in apparent power factor with saliency ratio [23]. If one
step more realistic calculation is made by considering Lsl: stator leakage reactance and Rs:
winding resistance, there will be a small improvement in power factor. Maximum power factor
including Rs and Lsl has been analyzed in [29, 9], and compared with analysis without Rs and Lsl
in [Lipo, 33]. q
→

vs

θ

vq

Rs ≈ 0
Lsl ≈ 0
Rc ≈ 0

δ
→

iq

θ

is

Φ
→

λs

λq
θ

δ
vd

id

λd

d

Fig. 5.24: SynRM ideal (air gap) vector diagram (all

Fig. 5.25: Variation in power factor with saliency ratio

values are peak values).

[23].

5.3.4 Inverter size and field-weakening range
Field-weakening range and inverter size are also strongly dependent on the saliency ratio. For
example it will be shown below that for two different cases to field-weakening is strongly
dependent on saliency.
1- Field-weakening with maximum torque [3, 33, 28, 27] see Fig. 5.26.a.
2- Field-weakening with maximum PF and constant d-axis flux [33, 9] see Fig. 5.26.b.
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For case one and a certain rating of inverter ( i0 , v 0 ), neglecting assuming that saturation, and
using the ideal motor with vector diagram according to Fig. 5.24 the field weakening ratio is
given by the following:

rmax T =

ω1
ω0

max T

ω0

where :

1
1
ξ+
ξ
2

=

max T

=

(5.32)

v0
i0 Lq

2
ξ +1
2

ω1

max .T

=

v0
i0 Lq

1
1
1+ 2
ξ
2

And for case two:

rmax PF =

where :

ω1
ω0

max PF

ω0

=

1
1
( ξ+
)
2
ξ

max PF

=

v0
2
i0 Lq 1 + ξ 2

(5.33)

ω1

max . PF

=

v0
i0 Lq

1
1
1+
ξ
2
1
1
ξ+
ξ
2

For more detailed derivation of these equations refer to Appendix B and [33, 9]. In both cases the
field weakening range is strongly dependent on the saliency ratio.

(a)

(b)

Fig. 5.26: Field weakening with reference conditions as maximum torque (a) [3], and as maximum power factor (b)
[9].
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In both cases when the operation speed is below base speed, the maximum voltage v0 is reached
at a flux angle, which mainly depends on the ratio below. The lower this ratio is, the wider will be
the constant power speed range for a given utilization factor of the inverter [3], also see (ω1 ) in
eqs. 5.32 and 5.33.

i0 Lq

λ0

=

Λ q F0

(5.34)

Φ0

Where Λ q is the permeance, Φ 0 is the pole flux, and F0 is the total stator MMF. Thus the ratio
can be directly related to the machine design. It follows that it is preferable to increase the torque
by increasing the pole flux instead of the magneto motive force (for more detail refer to [3]).
The base speed equations for both cases and the above equation, all suggest that for having high
inverter utilization and high field weakening range we need to have as much as possible a
machine design with low Lq and high saliency ratio.
5.3.5 Maximum saliency ratio, inductance difference and efficiency times power factor

Ld
Lq

& (Ld − Lq )

max .

and (η ⋅ cos φ ) max .

max .

An important aspect to consider in the design of the SynRM rotor is the effect of the rotor
dimensions on the machine inductances. The inductances are important due to the fact that the
torque of the SynRM is directly related to the difference between the two axis inductances, while
the maximum power factor in turn is dependent on the ratio of the two-axis inductances, [31].
On the other hand, the inductances difference (Ld-Lq) takes no account of the voltage
requirements of the motor. The saliency ratio ( ξ =Ld/Lq) provides a more general guide to the
overall performance, because the power factor, the speed range at constant power, and several
aspects of the dynamic response, are all directly related to ξ [23].
In fact both above claims are important, and also with refer to last chapter’s contents, it can be
conclude that the machine design strategy is directly related to the expected performance of the
final design. High torque and efficiency is equivalent to maximizing the (Ld-Lq) and vice versa.
A high power factor and T/KVA is equivalent to maximize ( ξ =Ld/Lq) and vice versa.
Inverter rating not only is for example related to the power factor but also to the motor efficiency,
this suggests that for optimum inverter size a maximum of (η ⋅ cosφ ) for the motor design must
be targeted.
Taking this into consideration the optimum geometric dimensions are different when maximizing
(Ld-Lq) compared to the dimensions when maximizing the saliency ratio simple anisotropic
structure shown in Fig. 5.27 is used to explain the optimization process for both situations. For
detailed calculation refer to Appendix C, the main idea is derived from [23].
For maximizing the inductances difference, the following relations are applicable (see Fig. 5.27
for the definition of (t)):

t=

1

µr

&

k wq =

1

µr −1
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And for maximizing the inductance ratio (saliency):

t = 0 .5

k wq = 1

&

This simply shows that the optimum geometric shape is directly related to the targeted variables.
There are other examples related to this issue in [31, 18], which investigates the effect of
geometric parameters on machine inductances and performance by means of a finite-element
analysis.
ws
iron µ r

wi

isulation

cut − off depth

w
k wq = i
ws
∆

d
L

q

∆

t=

D
D
Fig. 5.27: A simple anisotropic structure.

1
1
−1
t

=

wi
ws + wi

=

1
1+

1
k wq

Fig. 5.28: cut-off depth definition [31].

For example in the rotor structure shown in Fig. 5.28, the cut-off depth has been changed and its
effect on machine inductances is shown in Fig. 5. 29, for more information refer to [31].
Fig. 5.29 shows that (Ld-Lq) is maximized if the cut-off depth is set to about 6mm, on the other
hand if (Ld/Lq) is to be maximized then the cut-off depth must set to 12mm, or qualitatively the
more iron there is the bigger is the value of the (Ld-Lq); and the lower is (Ld/Lq). Increasing air
reduces Lq effectively, and increasing iron increases Ld significantly.

Fig. 5.29: [31],
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PRIMARY DESIGN PROCEDURE
Scope
Due to the complexity of the geometry and the high number of variables involved, a simple
procedure for rotor design will be developed in this chapter by using the simple theory of rotor
magnetic behavior.
The main goal is to find an optimum distribution of rotor barriers for each series of major selected
parameters. This main selected parameters are for example: insulation ratio in q- and d-axis,
number of barriers, number of poles, end points of barriers in the air gap, type of barrier
distribution ie. with- or without-cut-off, see Fig. 6.1, stator slots per pole per phase (q).
Intermediate variables are barriers position and sizes.

(a)

(b)

Fig. 6.1: Two main rotor barriers positioning; (a) 2 barriers without cut-off, (b) 2 barriers with cut-off (1 barrier + 1
cut-off).

This analysis is based on a completely linear theory, the main assumptions are: stator geometry is
fixed especially the air gap diameter, Saturation is disregarded, pure stator sinusoidal MMF in the
air gap is assumed and the stator slotting effect is neglected.
Positioning of barriers in the rotor has two main patterns as Fig. 6.1 shows. In type (a) the part of
the rotor along the q-axis nearest to the air gap for, is iron, but in type (b) this layer is air. The
main procedures for analyzing both of them are quite similar but with some differences. Here the
without-cut-off type will be treated.
6.2

Without cut-off distribution type
General arrangement in the without cut-off type is shown in Fig. 6.2.

6.2.1 End point angles (rotor slot pitch angle: α m )
For positioning the barriers end points in the air gap two assumptions are considered, constant
rotor slot ( barrier opening in the air gap) pitch, and an imaginary extra point for the last segment
, in Fig. 6.2 [37].
( S k +1 ), point (B),

*
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For introducing air in the rotor there is another simple rule for size of the barrier in the air gap or
size of barrier in the d-axis that make it possible to achieve the initial condition of barrier position
in the rotor to search the optimum insulation ratio. We introduce rule number 3.
3- Barrier opening equivalent angle and position in the air gap should follow the rotor slot pitch
values in the theoretical calculations (see chapter 5 & 6 for more information).
This means that for one barrier, by considering an extra imaginary point for the second segment
near the q-axis, the rotor slot pitch is:

π
αm =

Page

π

2p
π
= 2 × 2 = = 22.5 mec.
k +1 1+1 8

(k: number of barriers, p: pole pair numbers, detailed discussion is presented in chapters 5 & 6).
Therefore the equivalent angle of barrier opening in the air gap and angle between axis of barrier
and the d-axis are almost equal to α m / 2 = 11.25 using a first approximation.
For the first approximation we assume that the amount of iron in rotor and stator back are equal.
Therefore barrier width in q-axis (W1) will be:

DR − DRI
− HRS = 55.45 − 25.5 = 29.95mm.
2
For calculating each segment size, we make the same assumptions ie. segment width is
proportional to MMFd (p.u.) over the segment and this gives segment one a width of about
12.3mm and segment two a width of about 13.2mm. consequently the radial position of the
barrier in the q-axis becomes Yq=53.8mm, using this first approximation.
Using rule two makes it possible to position and size the barrier in the d-axis. The d-axis barrier
width (W1d) for an air gap opening which should be around 11 degrees will be 16mm.
Now for finding the best insulation ratio in the q-axis there is a starting point. By changing the
barrier width in the q-axis and also, proportionally with it, for a first barrier approximation the
width in the d-axis, the effect of insulation ratio can be investigated.
Effect of increasing air in the constant radial position in the rotor (Yq=cte) for the first
approximation, is shown in Fig. 7.1. The optimum value (W1=22.5) for air is lower than the
initial point (W1=29.95mm). This can be explained by the positive effect of the second (upper)
segment in capturing more flux from the stator MMFd and thereby increasing Ld.
Because maximization of torque strategy needs maximum iron in the rotor structure, as more
MMFd can be captured by the rotor. Around the optimum point torque sensitivity to W1 or kwq
(q-axis insulation ratio) is very low, and the reason for this is the low effect of increasing the air
on the reduction of Lq and also low effect of increasing iron to increase Ld due to constrain
which exists in the stator part of the d-axis flux path, and consequently low torque sensitivity
around the optimum point W1. On the other hand there is an optimum point, because there is a
trade off between reducing Lq and Ld by increasing W1 (or insulation ratio) for maximum torque.
Torque is proportional to (Ld-Lq).
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constant radial position (Yq = cte).

(W1=29.95).

In the next analysis, the importance of finding optimum insulation ratio in the q-axis as the first
priority for the design will be demonstrated. This analysis clearly shows that having an initial
design is necessary.
If instead of insulation ratio in the q-axis, the barrier position in the q-axis (Yq) is considered as
the first parameter for analysis then there will be two bounding situations. First the changing of
the q-axis position of a barrier by small width, for example equal to stator slot width. Second use
of one barrier with maximum possible width for example in this case 29.95mm.
Both of these have been analyzed and the results are shown in Figs.7.2 and 7.3. Also the same
analysis for optimum insulation ratio (W1=22.5), is shown in Fig. 7.4.
In both cases (small and large barrier width) the maximum achievable torque does not exceed 27
Nm/pole. But for the optimum insulation ratio as is shown in Fig. 7.4, torque can reach a value
that is higher than 31 Nm/pole.
The problem complexity will arise if the number of barriers is increased. These three analysis
show:
1- First priority for optimization is finding the optimum insulation ratio.
2- Torque sensitivity in Yq is small if the barrier width and insulation ratios are selected suitable
and optimum (Fig. 7.4). Lq is inversely proportional to ‘la’ which is the total air in the q-axis
and changing Yq does not change ‘la’.
3- Comparison of Figs. 7.2 and 7.3, clearly shows the existence of an optimum barrier width W1
(or equivalently insulation ratio kwq) and also an optimum for its related position in the qaxis (Yq), between these two boundaries.
Fig. 7.4 shows that the optimum q-axis position of barrier is clearly close to the initial point
(Yq=54mm). Also parameter Yq, which is the barrier radial position in the q-axis for each barrier
around optimum torque point, is a strong tool to control the torque ripple without interference
with the average torque. What is very important about Yq is that adjusting Yq makes it possible
to adjust the end points of the barrier at the air gap, which directly determine the torque ripple
[37, 39, 40], and at the same time it does not change the average torque. In fact torque around
maximum torque point is a function of the insulation ratio, mainly in the q-axis (kwq).
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(W1= stator slot width).

the insulation ratio with maximum torque in Fig. 7.1).

To show the importance of the second rule (constant segment width all along the segment length)
and its related conclusions, the correctness of this rule for this example is analyzed in the next
section.
7.1.2 Barrier end points in the air gap and d-axis insulation ratio

Position and size of barrier in the d-axis can be investigated for the optimum point of insulation
ratio, by three different parameters: the first one is the q-axis radial position Yq parameter which
has been analyzed and shows that the end position is completely in agreement with rule 3, the
second one is the d-axis barrier width or total insulation ratio in the d-axis (kwd), and the third
one is the barrier leg angle in the d-axis (α ) .
Effect of the barrier width in the d-axis (W1d) on torque is shown in Fig. 7.5.
From W1 analysis the optimum value for W1d was 12 mm corresponding to W1=22.5 mm,
which is smaller than the initial value of 16mm corresponding to W1=29.95 mm (equivalent to
half of rotor slot pitch in the air gap). But optimum value for W1d from Fig. 7.5, shows a value
that is quite close to the value from the kwq analysis.
First of all, amount of air in the d-axis is less than in the q-axis. This follows the second rule,
which is segment sizing rule. Increasing iron especially in the d-axis increases MMF capturing
capacity in the rotor d-axis and consequently gives a higher value of Ld.
On the other hand the amount of iron in the q- and d-axis must be equal and the ratio of total
available width for segment and barriers in the d-axes to the q-axis is a factor of sin π

2p

which for 2 pole pair machine (p=2) is 0.7. All of these issues show that the barrier width in the
d-axis must be reduced. Also in a wide range from 8 to 12 mm (Fig. 7.5) torque sensitivity to
W1d is very low, the reason for this can be the same as for W1 in the q-axis, which is mainly due
to the unbalanced non optimum iron distribution between the rotor and the stator ie. due to a non-
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optimum air gap diameter. Another important issue is that the barrier width in the d-axis changes
the third rule according to the following:
3- Sizing the barrier in the d-axis which follow the second rule, segment sizing, is more effective
than the equivalent barrier angle in the air gap, in the previous rule three. And following rule two
can distort a little the previous third rule in optimum torque situation.
Torque
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Fig. 7.5: Effect of the barrier width in the d-axis ( ≡
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Another parameter regarding end part of barrier in the d-axis position is the barrier leg angle.
Effect of this angle on torque is shown in Fig. 7.6.
This analysis clearly shows that the segment edges in the d-axis must be parallel to the d-axis.
Actually this angle is supporting those segments whose axial line curve follow the natural path of
the d-axis flux component and orthogonal to the q-axis flux line. Here this angle is 135 deg.
Actually there are two bounding situations (α ) for a fixed q-axis position of barrier. Low (α ) not
only increases the amount of the iron and captured flux from MMFd but also increases the q-axis
flux going through the rotor component and therefore also Lq, while high (α ) reduces the amount
of iron and the captured flux from MMFd and increases saturation at least in some part of the
segment and therefore reduces Ld. Thus there will be an optimum point for both parameters. This
will be the same for (θ b ) .
There is a different between the effect of leg angle at high and low (α ) , see Fig. 7.6. For angles
higher than 135 deg increasing leg angle reduces the torque slightly. Reason for this can be
explained by rotor MMFd capturing capability in the d-axis. The rotor MMF capturing capability
in the d-axis in this case is transferred between two segments from segment one to segment two.

7.1.3 Optimum q-axis barrier positioning

In this section the effect of changing the radial position of the barrier in the q-axis (Yq) on
machine torque is studied. But the insulation ratios and end points of barrier in the air gap are
kept unchanged. This will show how critical is the constant segment width and the relative
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division of iron between the two segment inside the rotor ? The result of such analysis is shown in
Fig. 7.7.
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Fig. 7.7: Torque and torque ripple for different barrier position in q-axis and constant width and endpoints in the
air gap.

This figure shows that the most important specifications of a barrier in the rotor are insulation
ratios and end positions of the barrier.
Regarding the amount of iron in the rotor it seems that the division of iron between two segments
in the q-axis is not a sensitive parameter and the second rule is weakened here. This critique
shows that there are different rotor structures which really have torque close to optimum, but also
rule two can still be used as a strong guide to find the best insulation ratio very close to the
absolute optimum value at the first step of the design. Other analysis results can then be used for
final tuning of the optimum structure.
On the other hand if the total iron in rotor is set to a critical minimum value by reducing the air
gap diameter then torque sensitivity to this division must be increased.
7.2

One barrier analysis conclusions
By analyzing the effect of main parameters which are involved in barrier geometry for the
simplest situation, which is the single barrier, the following general rules can be derived:
1- Introducing maximum anisotropy in the rotor to find optimum insulation ratio, or total air in
the q-axis (la) is a major task.
2- Segments width all along the length of each one must be kept constant to achieve almost
constant flux density in the segment and to increase the utilization factor of rotor iron.
3- A simplified but general shape of segments and barriers will be similar to those shown in Fig.
5.16. The edges of barriers and segments in the d-axis must be parallel to the d-axis and
perpendicular to the q-axis. In the q-axis inside the rotor it must generally follow the natural
path of the d-axis flux in the rotor and perpendicular to the q-axis flux.
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4- The insulation ratio in the d-axis also can, independent of the insulation ratio in the q-axis, be
considered as another parameter for positioning the barriers and end points of barriers in an
optimal way in the d-axis. This technique is much more effective than the constant rotor slot
pitch to position the rotor barriers end point in the air gap.
5- The insulation ratio in the d-axis of machines with more than two pole pair is smaller than the
insulation ratio in the q-axis.
Almost all these rules also have been considered in chapter 6, to develop a theoretical method for
dimensioning of the rotor structure.
7.3

One barrier and one cut-off

In this chapter two procedures are used to find the optimum rotor geometry for 2 barriers with
cut-off type or one barrier + one cut-off rotor:
1- Combined theoretical and finite element method, which has been explained in chapter 6. This
method uses the insulation ratios in the d- and q- axes as design parameters.
2- Changing the rotor geometry for all possible combination of the geometric parameters.
And finally the two methods will be compared.

7.3.1 Theoretical model aided sensitivity analysis
With the fix stator structure and a simple geometry for the rotor barriers and if theoretical
methods are used with constant rotor slot pitch for all rotor slots as is explained in chapter 6, then
only two parameters are involved in the optimization of the rotor geometry for maximum torque.
These are the insulation ratios in the q-axis (kwq) and in the d-axis (kwd). The main idea of
insulation ratio comes from [29, 33].

7.3.1.1 Insulation ratio in q-axis

Effect of the q-axis insulation ratio, when kwd is half of kwq on torque and torque ripple is
modeled and the result is shown in Fig. 7.8.
The optimum insulation ratio in the q-axis for maximum torque is around 0.6~0.7, which is
equivalent to (la) around 21mm. a little lower than the value when there is just one barrier, see
last chapter. Parameter (la) is reduced because of the more distributed insulation and iron in the
air gap. Better insulation distribution reduces the circulating component of the q-axis flux and Lq
and increases the insulation utilization factor. Furthermore better iron distribution increases the
rotor capturing capability of the flux from the stator d-axis MMFd and consequently gives higher
Ld. By reducing the total required insulation we can increase the amount of iron and therefore
increase Ld again. The result will be higher torque (~32 Nm per pole) with lower amount of
insulation (la).
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Fig. 7.13: Torque ripple as a function of barrier width

cut-off width as parameter for two barriers with cut-off

with cut-off width as parameter for two barriers with

rotor geometry shown in Fig. 7.10.

cut-off rotor geometry shown in Fig. 7.10.

Parametric curves for torque are shown in Fig. 7.12, and for torque ripple in Fig. 7.13. Fig. 7.12
clearly shows that the optimum rotor geometry for maximum torque is not unique, and practically
there are different geometries with almost the same maximum torque. But the optimum torque is
the same for both pure geometrical and theoretical aided analysis.
Torque behavior as a function of barrier width in Fig. 7.12 is comparable with insulation ratio in
the q-axis effect on torque. Therefore Fig. 7.8 shows a general effect of increasing air in the rotor
on machine torque. Similarly barrier width analysis results in [31] also show the same behavior in
torque if the barrier width is changed and the cut-off width is taken as parameter.
This analysis shows that the insulation ratios in both axes can be simply determined by the
insulation analysis (theoretical & finite-element combined approach) and the number of
calculations can be significantly reduced, here from 48 calculations in Fig. 7.11 to 19 calculations
in Figs. 7.8 and 7.9.

7.3.2.2 Barrier radial position

Another parameter that involves in the rotor final geometry shape is the radial position of barrier
(Yq1). For the optimum kwq=0.6 and kwd=0.2, (Yq1) is around 50.4mm. For constant insulation
ratios in both axis the effect of (Yq1) on torque and torque ripple are shown in Fig. 7.14.
Optimum value for (Yq1) from finite-element analysis is compatible with previous values
(50mm). Also Fig.7.14 shows that preliminary assumption regarding constant radial position for
barrier during pure geometrical analysis of barrier and cut-off widths is quite reasonable.
As is expected (Yq1) does not affect torque around the optimum point. But torque ripple is
completely affected due to the change in the end point position.
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7.3.2.3 Barrier leg length in q-axis

Barrier leg length in the q-axis (lq1) is changed for one of the optimum points in the previous
analysis (W11=15 and W12=10mm) to check the constant segment width and end position effect.
The result is shown in Fig. 7.15. The optimum value for (lq1) was around 22.7mm which is
compatible with the value of (lq1) in Fig. 7.15.
Radial position (Yq1) and leg length in q-axis (lq1) of the barrier analysis show that the exact
position of barrier and consequently constant segment size are not deeply affecting the torque but
changing the end point position will affect the torque ripple.

7.3.3 Comparison
From the analysis of two barriers with cut-off type geometry the following results can be
abstracted:
1- Both results from pure geometrical analysis and combined theoretical and finite-element
analysis are reasonably close to each other, so it will be correct to say that the combined
theoretical-FEM analysis is the faster and much more practical and understandable method of
optimization.
2- From the above note and other analysis such as the radial position and leg length of barrier
analysis it has been shown that the most important parameters in the rotor anisotropic
geometry characteristic are firstly the insulation ratio in the q-axis and secondly the insulation
ratio in the d-axis. The shape and path of the barrier line inside the rotor do not affect the
torque significantly. It has been shown that in some cases when required, it is possible not to
follow the constant segment width rule especially when there is unbalance and non-optimal
iron distribution in the motor.
3- The theoretical aided method can be used as a fast procedure to find the most important
parameter values which are insulation ratios, for any number of rotor barriers, and motor pole
numbers.
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4- For points 3 and 4 the result is around and very close to the optimum point if the theoretical
aided method is used, but it is not the absolute optimum.
5- Torque ripple can be controlled by the end point positions of barriers for example by using
Yq1 and lq1 as parameters without affecting the torque.
6- Optimum point for maximum torque is not unique, see Fig. 7.12.

8

8.1

ELECTRO MAGNETIC SENSITIVITY ANALYSIS AND OPTIMIZATION
(BASED ON THE THEORETICAL INITIAL DESIGN PROCEDURE)

Average torque optimization
From confirmation of the theoretical aided design procedure in chapter 7, the number of finiteelement calculations is reduced effectively and other parameter’s effect on torque can be
investigated. One of these parameters is the number of barriers.
With refer to chapter 6, an extra angle (β ) is defined to introduce another degree of freedom for
barriers end points in the air gap. This angle is kept constant in this part of analysis, because the
main goal here is to investigate the effect of rotor barrier number on torque, and not torque ripple.
It will be shown that some kind of independent torque and torque ripple optimization is possible
by introducing this angle.
Therefore, for normal rotor structure and with cut-off structure this angle is kept constant so that
the rotor slot pitch by considering two imaginary point in the q-axis for normal (without cut-off)
and one point for the cut-off structure, becomes constant all around the rotor circumference, for
more information refer to chapter 6.
(Rotor structure in Fig. 7.10 shows a - two barriers with cut-off.)

8.1.1 Torque and torque ripple for different number of barriers
The optimum point for each number of barriers is calculated, base on finding the optimum
insulation ratio in the q-axis when insulation ratio in the d-axis is half of that in the q-axis. Then
at optimum q-axis insulation ratio the best d-axis insulation ratio is determined. The position and
size of barriers, with each selection of insulation ratios is calculated base on theoretical
calculation in chapter 6.
The resultant torque and torque ripple per pole as a function of barrier number for both
arrangement models are shown in Figs. 8.1 and 8.2. Also a comparison between the two models
from the torque point of view is demonstrated in Fig. 8.3.
Actually the cut-off barrier becomes very small if the number of barriers is increased. Generally
one extra barrier higher in with cut-off model is equivalent to the without cut-off model. This is
correct if rotor slot pitch is kept constant.
Increasing the number of barriers directly and effectively reduces the circulating component of qaxis flux but it does not affect the going-through component. Also increasing the numbers of
barriers does not affect the d-axis inductance very much. Therefore the torque will not be affected
if the number of barriers is increased more than a certain value [2, 4], which from Fig. 8.3 is
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around 3~5 barriers. The barrier widths are calculated according to constant permeance for
barriers and optimum distribution rule for minimizing the going through component of the q-axis
flux [33] and chapter 6.
44
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Fig. 8.1: Number of barriers effect on optimum torque
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Fig. 8.2: Number of barriers effect on optimum torque

and its related torque ripple per pole for rotor structure

and its related torque ripple per pole for rotor structure

model: without cut-off. There are no tangential ribs and

model: with cut-off which is also considered as a

assumed optimum current angle control is.

barrier. There are no tangential ribs and optimal current
angle control is assumed.

8.1.2 Number of layers effect on machine’s inductances
Another way to compare all different structure is to calculate the machine inductances at an
operating point. Results from such an analysis are presented in Fig. 8.4.
By increasing the number of layers from 2 (salient pole machine) to 5 (2 barrier machine without
cut-off) the q-axis inductance reaches its minimum.
As it is discussed in chapter 6, the q-axis flux has two components: The circulating component
and going through component.
For each number of barriers, using the optimum distribution rule for barrier width, guarantees a
minimum of q-axis flux going through component. Furthermore the circulating component is
inversely proportional to the square of layer number and by increasing the layer number the
circulating flux reduces rapidly [2, 33].
Increasing the number of layers also increases the rotor d-axis flux capturing capability and
therefore the d-axis inductance.
Machine torque is proportional to the inductances difference (Ld-Lq). Increasing the number of
rotor layers more than 9, actually does not change the difference.
Also machine power factor is strongly dependent to inductances ratio, saliency ratio (Ld/Lq). This
also does not change for number of layer more than 9.
The effect of the number of layers on machine inductances is completely compatible with the
direct torque analysis in the last chapter (Fig. 8.3), and it shows that increasing the number of
barrier more than 5 or number of layer more than 10 will not have any significant gain in the
machine performances.
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Fig. 8.3: Effect of number of barriers on optimum total

Fig. 8.4: Inductances in q- and d-axis, inductances

torque for both rotor structure models. Comparison are

difference and saliency ratio for different number of

made at the best current angle.

rotor layers. Number of layers is the sum of number of
segments and number of barriers [23]. Current angle is
60 Deg., current 50A, 50Hz, 0 rpm, for inductance
calculation procedures refer to chapter 2.

8.1.3 Optimum number of barriers for maximum torque

Increasing the number of layers or barriers from the mechanical and manufacturing point of view
is not recommended. On the other hand increasing the barrier number more than 5, according to
the discussion in the last chapter and sensitivity analysis, does not practically affect the machine
torque.
Therefore three different designs are selected for more analysis. First is the 4 barrier rotor with
cut-off model, second is the 4 barrier rotor without cut-off model and the third is the 5 barrier
rotor with cut-off model. These designs are shown in Fig. 8.5.

3 barriers and 1 cut-off
4 barriers
With cut-off
model

4 barriers

4 barriers
Without cut-off
model

4 barriers and 1 cut-off
5 barriers
With cut-off
model

Fig. 8.5: Three different designs, from number of barriers optimization analysis selected for torque ripple
minimization.
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8.2.3 Torque ripple minimization results

Torque ripple minimization is applied to all selected geometries shown in Fig. 8.5 and Fig. 8.9.a
again, and the final optimum geometries for maximum torque and minimum torque ripple are
shown in Fig. 8.9.b.
3 barriers and 1 cut-off
4 barriers
with cut-off
model

4 barriers
4 barriers
without cut-off
model

4 barriers and 1 cut-off
5 barriers
with cut-off
model

(a)

3 barriers and 1 cut-off
4 barriers
with cut-off
model

4 barriers
4 barriers
without cut-off
model

4 barriers and 1 cut-off
5 barriers
with cut-off
model

(b)
Fig. 8.9: (a): Three different geometries selected for optimization of barrier number for optimum torque
performance, (b): Final geometries after applying the torque ripple minimization technique (optimizing angle

(β ) ).

The resultant torque and torque ripple per pole as a function of barrier number for both
arrangement models are shown in Figs. 8.10 and 8.11. A comparison between two models from
the torque point of view is demonstrated in Fig. 8.12.
Also the torque and torque ripple of the selected modified geometries (Fig. 8.9.(b)), are
demonstrated in these figures. Modifications are including the minimization of torque ripple and
introduction of 1mm tangential ribs at the end of all barriers, compare barriers end-points in Fig.
8.9.a and in Fig. 8.9.b.
In all the final geometries due to the introduction of the 1mm tangential ribs in the rotor slot
openings, torque is reduced by an average of 2%, because a small amount of flux is lost in the
saturated ribs.
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These designs do not show a significant difference from torque and torque ripple point of view.
This can be explained by the effect of barrier or layer number. With reference to Fig. 8.4 it is
obvious that increasing the number of layers by more than 9 or number of barriers more than 4 do
not have a significant effect on machine main inductances in the d- and q-axis. Observe that all
geometries satisfy this. The main result of this analysis up to this stage can be summarized by
stating that an effective procedure has been presented that reduces the number of barriers to the
minimum possible value (from 5 to 3).
8.3

Main machines characteristics
In this chapter a more detailed analysis of the machine geometry is presented to enable better
comparisons. Main characteristic calculations are based on inductance calculations (indirect) for a
certain rotor position and different current and current angles. The other parameters are calculated
by using the machine vector model. Here just the results for one of geometries in Fig. 8.9.b are
presented first and then a comparative table for all will be added.

8.3.1 Inductances for different current loading and d-q axis cross-coupling
The static (the rotor is at standstill and the current vector in the stator is rotating) calculated
inductances are presented in Fig. 8.13.
Regarding inductances there is not a significant different between the designs, but generally this
graph is showing a specific characteristic that is related to SynRM: cross-coupling between the daxis and q-axis inductances.
This means for example inductances in d-axis are not only a function of stator current but also a
function of the current angle.
On the other hand for a certain d-axis current d-axis inductance is not only a function of d-axis
current but also a function of q-axis current and it is reduced by increasing the q-axis current. The
same situation also applies to the q-axis inductances. The effect of cross-coupling on d-axis
inductance is negative but it is positive for the q-axis. Similar results are also reported in [23, 15,
31]. This effect can formulate as:

Ld = Ld (id , iq )
Lq = Lq (id , iq )

(8.3)

Another important issue is the effect of saturation. By increasing the load the d-axis inductance is
reduced, and consequently to compensate and restore the d-axis inductance and inductances
difference (torque) a higher current angle is needed [42]. Effect of saturation in q-axis is not
strong, mainly due to high amount of air in the q-axis flux path (high la). But for low loads (low
currents in q-axis) the ribs (here tangential) saturation effect is obvious in the q-axis inductance
also.
8.3.2 IPF for different current loading
The internal power factors as a function of the current angle for different current loadings is
shown in Fig. 8.14.a. Power factor is calculated by eq. 8.4 observe that inductances are current
and current angle dependent.
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Fig. 8.13: 3 barriers + 1 cut-off models inductances as

Fig. 8.14: Internal (apparent) power factor (a) and air

function of current angle and for different stator

gap electromechanical torque (b) as function of current

current.

angle and for different stator current, for the final
design geometry.

IPF = cos

tan −1

Ld id iq
+
Lq iq id
Ld
−1
Lq

= (ξ − 1)

sin (2θ )
2(tan θ + ξ 2 cot θ )

(8.4)

Actually changing the stator current almost does not affect the IPF. The reason can be explained
through Fig. 8.15, which shows the effects of current angle and saliency ratio on IPF in ideal
conditions. Calculation results by FEM for the different final geometries show that increasing the
current angle from zero to 90 deg., for all stator currents up to 50A, changes the machine saliency
ratio from about 4 to 12. If this fact, increase of saliency ratio by current angle, which considers
saturation and cross-coupling, is depicted in the ideal graphs of Fig. 8.15, it will be obvious that
the power factor behavior is very close to the diagrams in Fig. 8.14.a and it is not sensitive to
current.
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8.3.3 Torque vs. current angle curves
Air gap electro-mechanical torque as function of current angle for different current loading (at
static situation) is shown in Fig. 8.14.b. Torque is calculated from the following equation
assuming that inductances are current and current angle dependent:

Tegav =

3 p
(
Ld − Lq )I s2 sin (2θ )
22

(8.5)

Where: I s is the stator (rms) current, θ is current angle and p is the pole number.
The above equation shows that the torque versus current angle graph has a sinusoidal shape with
a maximum at θ = 45 deg . , and this is not compatible with the FEM calculation results shown in
Fig. 8.14.b.
Current angle shifts to higher values for the maximum torque mainly due to saturation effects. For
a certain stator current, torque is proportional to the difference in inductances, and this is reduced
by the saturation, mainly in the d-axis. For maximum torque in this situation factor
(Ld − Lq ) sin (2θ ) must be maximized. By increasing the current angle beyond 45deg. the effect
of saturation on the d-axis inductance is reduced significantly (Fig. 8.13). Similar behavior is
reported in [15, 23, 42].
8.3.4 Torque, current characteristic
Regarding torque another important machine characteristic is the maximum torque for a certain
stator current. Calculation results, also using Fig. 8.14.b, for maximum torque as function of
stator current are shown in Fig. 8.16.
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In ideal conditions (without considering saturation) equation (8.5) shows that torque is
proportional to stator current square. But due to saturation and cross-coupling effects the
maximum torque is an almost linear function of current as is shown in Fig. 8.16, similar response
is reported in [23, 31, 7]. It seems that the maximum torque for a certain stator current always is
given by the machine at a constant air gap flux and the torque follows eq. 8.6:

T ∝ λs ⋅ is ⋅ sin β

( 8.6)

Another important issue is the non zero current at zero torque if a linear relation for torque versus
current is assumed. This means that to make continuous working condition possible in SynRM a
minimum stator current, mainly in the d-axis even for zero torque is needed, this makes it
possible to keep the machine magnetized [28].
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Fig. 8.16: maximum air gap electromechanical torque

Fig. 8.17: maximum air gap electromechanical torque

as function of stator current, for the final design

and apparent power factor loci, for the final design

geometry.

geometry.

8.3.5 Maximum torque and power factor loci
Maximum torque and power factor loci, derived from Fig. 8.14, are estimated and shown in Fig.
8.17. For a stator current maximum torque and power factor loci are different, and the current
angle is larger for maximum power factor than for maximum torque. Due to saturation and crosscoupling the main machine inductances in the d- and q-axis are changing. On the other hand
power factor is dependent strongly on the saliency ratio, while the torque is dependent on the
difference in inductances. These last two parameters maximum values can be completely
different, from a geometric and control point of view.
Simply, saliency ratio which is mainly a function of Lq and the difference in the inductances
which is mainly a function of Ld can be different and consequently for a certain current they are
maximized at different current angles.
8.3.6 Iron losses
Full iron losses analysis for all final geometries are done here, the results are summarized in Fig.
8.18.
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Fig. 8.18: Iron losses calculation results for final design geometries at 3000rpm, and nominal current, for different
motor regions and different Iron losses sources (calculated based on 350 points per electrical period).

Iron losses are calculated at high speed where the Iron losses become comparable to the copper
losses. In the low frequency operation range the most dominant part of losses is the copper (Joule)
losses. There is not a big difference between the different models with regard to this. But by
increasing the frequency iron losses become comparable to copper losses.
The most dominant part of iron losses is the eddy iron losses. An important fact is related to the
distribution of iron losses in the different motor regions. About 40% of the total iron losses are
concentrated in the rotor! Normally due to synchronism a constant (DC) magnetic field and
consequently low iron losses in the rotor body are expected, except at the rotor surface which
interacts with the air gap space harmonics to create changes in flux density is along to the rotor
surface.
A qualitative explanation of the iron losses in the rotor body is presented in [3, 33] based on the
flux changing in the rotor body. Due to stator slot effect, the flux density is changing in the air
gap but these changes are not limited to the rotor surface and are deeply affecting the iron in each
rotor segment because the different segments are magnetically separated from each other inside
the rotor body or just connected through some saturated ribs.
High flux fluctuation in the rotor body increases the iron losses. One solution is to design each
segment position so that the total permeance of a closed flux path within the segment remains
constant despite the change of the rotor position relative to the stator [3] (for more analysis refer
to chapter 5.3.2).
8.4

Final comparison
Final comparison between different geometries is summarized in Fig. 8.19.

Fig. 8.19: Main machines specifications comparison table for three different final geometries.
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8.5

Ribs
Mechanically strong and self sustained rotor structures are sought because the rotor structures in
Fig. 8.9.b are not suitable for high speed application (even for spindle drives with a fieldweakening range of 1:5). One way is to introduce some tangential and radial ribs in barriers and
connect the segments to each other. Due to the manufacturing advantages the tangential ribs are
already introduced in the rotor and their effect on torque was analyzed in chapter 8.2.3 (about 2%
reduction in torque and ~5 -10% in torque ripple due to 1mm tangential rib for all barriers end).
In this section the radial rib effect on torque is analyzed for the 3 barriers + 1 cut-off rotor
structure.

8.5.1 Rib distribution
For a certain total radial rib width, and a distribution of ribs between two barriers of 3 barrier and
one cut-off geometry, torque is calculated and the results are shown in Fig. 8.20. The sum of both
radial ribs is constant (2mm), but for one of the calculations this width is introduced in the lower
barrier and for other calculation it is equally divided between two barriers.

Fig. 8.20: Radial rib distribution effect on torque for a constant total radial rib width for a 3 barriers and one cut-off
geometry.

The more a certain radial rib width is distributed the lower will be the torque reduction. This can
be explained by considering the sharing of the flux path, which is saturating the ribs.
In a distributed situation there is a sharing of flux which is passing through the ribs. The flux that
is saturating one rib in one barrier is also passing through the other rib in another barrier. But if
the total width is introduced in one barrier then more flux is needed for saturation.
For this specific 3 barriers and one cut-off geometry, analysis shows that the difference between
two situations is small and with good estimation, it can be concluded that the distribution does not
have a significant effect on torque reduction which is almost 2.5% for a 2mm radial rib.
8.5.2 Rib width
Radial rib width effect on torque reduction is shown in Fig. 8.21. By increasing the rib width the
required flux to saturate the rib is increasing and therefore the torque is reducing. The relation is
linear (for some analytical estimation of torque reduction refer to [2, 32, 33] and chapter 5).
8.5.3 Rib radius
Another parameter that is involved in the dimensioning of the rib is the end part of the rib radius
where it connects to the segments (see Fig. 8.22), and can be important for punching tools.
The rib radius effect on torque is analyzed and results are shown in Fig. 8.22. These show that
electro-magnetically it does not affect the torque more than 0.5% for a 5mm radius. Increasing
this radius mainly increases the q-axis inductance (Lq).
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torque, for 3 barriers + 1 cut-off rotor geometry.

Air gap length
The results from the effect of changing the air gap length on machine characteristics show that
reducing the air gap effectively improves the machine performances. In the next sections the
effect of air gap on major machine parameters are investigated.

8.6.1 Machine magnetizing inductances

General approach to investigate the effect of air gap length is to study the machine magnetization
inductances, and consequently inductance difference and saliency ratio. Such analysis results are
shown in Fig. 8.23(left), which are similar to the results in [31].
As expected reducing the air gap length does not change the q-axis inductance, but has a strong
impact and increases the d-axis inductance. This is related to the different nature of d- and q-axis
flux path material and inductances. The amount of air in the q-axis is proportional to ‘la+g’ and in
the d-axis to ’g’. If the path in the iron is neglected then the q-axis inductance will be inversely
proportional to ‘la+g’ and the d-axis inductance inversely proportional to ‘g’. In normal condition
‘la’ is much bigger than ‘g’. Therefore q-axis inductance will not be too sensitive to the air gap
length. On the other hand the d-axis inductance is strongly affected by the air gap length.
Reducing air gap length also increases the inductances different and ratio and consequently
increasing the machine torque and power factor.
8.6.2 Torque and torque ripple

The effect of air gap length on torque and torque ripple is shown in Fig. 8.23(right). As expected
the torque is increased mainly due to the increasing d-axis inductance. But torque ripple also is
increasing a little (7% for a decrease in ‘g’ from 0.75 to 0.35), mainly due to the air gap Carter’s
factor. Torque increase is significant, about 20% for a decrease of air gap length from 0.75 to 0.35
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mm. At the air gap length of 0.55mm, FEM calculation for torque gives 150 Nm by considering a
3% loss due to the addition of radial ribs. Taking into consideration also a calibration factor of
89% we get a real torque value of 129.5 Nm, which is very close to the same IM nominal torque
(131.4 Nm).
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Fig. 8.23: Air gap length ‘g’ effect on machine magnetization inductances, inductances difference and saliency ratio
(left), torque (up-right) and torque ripple (bottom-right). Calculations are based on 350 points in one electrical
period and the best current angle of 63 deg. when g = 0.55mm, I = 50A, fs = 100Hz, wr = 0 rpm.

8.6.3 IPF
Power factor is strongly dependent on the saliency ratio. By decreasing the air gap length the
saliency ratio ξ =

Ld
Lq

is increased. Therefore an improvement in power factor is expected.

Fig. 8.24 shows the effect of air gap length on the IPF. Power factor is improved but the
improvement is not significant.
The reason for this is that the saliency ratio is increased due to increase in the d-axis inductance,
but the saliency ratio sensitivity to Ld is not as high as it is to Lq. This means that an
improvement in saliency ratio is seeking a lower Lq and not a higher Ld.
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The SynRM power factor (g=0.55, Fig. 8.24) compared to the power factor of an equivalent IM,
which is about 0.85 shows 7.5% lower value when the current angle is set to the maximum torque
conditions.
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Fig. 8.25: Air gap length ‘g’ effect on Iron losses.

or internal) power factor (IPF). Calculations are based

Calculations are based on 350 points in one electrical

on 350 points in one electrical period and the best

period and the best current angle of 63 deg. when g =

current angle of 63 deg. when g = 0.55, I = 50A, by

0.55, I = 50A, fs = 100Hz, wr = 3000 rpm.

using the calculated inductances.

Normally the SynRM has a PF lower than the IM for the same frame size. To improve the power
factor in the SynRM somehow the q-axis flux must be reduced, ie. the q-axis inductance by
increasing should be reduced the insulation ratio in the q- and d-axis. Another way is to
compensate the q-axis flux by inserting a small permanent magnet at the rotor structure. Such
kind of technique is discussed in [3]. This kind of motor is named permanent magnet assistant
SynRM, PMSynRM.
8.6.4 Iron losses
If the air gap length is reduced, two major machine performance parameters are changed. First the
Carter’s factor of the air gap is increased and secondly the flux density in all part of machine is
increased. The first item indirectly increases the torque ripple and therefore the flux fluctuation is
increased also. All these effects cause increased iron losses.
An iron losses calculation for different air gap length is shown in Fig. 8.25, and confirms the
above discussions. Increasing the iron losses by reducing the air gap length maybe is considered
as a draw back. A complementary analysis regarding the overall machine efficiency can present
more detailed insight into the effect of air gap length on machine performance.
8.6.5 Efficiency
Result from the calculation of efficiency for different air gap lengths is shown in Fig. 8.26.
Clearly it shows that the reduction of air gap length from a primary value of 0.55 to 0.45mm is
reducing the overall efficiency by just 0.2% with the same current angle. This means that the
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torque, see Fig. 8.23, and the losses are increasing in the same manner if the air gap length is
reduced.
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Fig. 8.26: Air gap length ‘g’ effect on overall machine efficiency. Calculations are based on 350 points in one
electrical period and the best current angle of 63 deg. when g = 0.55, I = 50A, fs = 100Hz, wr = 3000 rpm. Only
copper and iron losses are considered.

8.7

Over load capacity
The over load capacity of the SynRM is discussed deeply in [33]. Here just some main results are
presented.
The over load capacity is affecting the machine geometric and operation optimization, because
with regard to the definition for optimization of the nominal operating point there are two
different bounding situations.
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The optimization can be based on continuous maximum torque or a pulsed load operation point
[33]. If the inverter size for variable speed operation is also considered then the power factor must
be included, because it affects the required kVA [33].
Result from an over load study is shown in Fig. 8.27. Increasing the stator current shows that the
torque versus current follows an almost linear relationship up to a very high over load condition
of about 9 times assuming the current angle in this situation to be around 62 deg., see Fig. 8.27
(right). The nominal current is 50A and power factor is around 0.75. However for this heavily
over loaded condition the power factor is dropped by 50%, see Fig. 8.27 (left).
If the power factor for over load capacity is also considered then a 3 times over load is achievable
without affecting the power factor, see Fig. 8.27 (left) for 150 A stator current. Actually for this
over load condition terminal power factor can be improved a little [33].
Compare to the induction machines (normally 2 p.u.) the SynRM shows higher over load
capacity.

9

CONCLUSIONS
This report has presented the behavior of the SynRM and its nature based on available literatures
and publications, materials and FEM sensitivity analysis studies.
In chapter 2 a basic principles and motor model of the machine have been developed based on
Park’s equations for traditional salient pole synchronous machines. Through chapters 3 and 4 the
developing history and some comparison between SynRM and IM, different type of the machine
rotor geometry and some basic control concepts are investigated.
In chapter 5, classified parameters descriptions involved in SynRM performance and their general
effect on SynRM have been investigated and presented.
The most important design parameters are determined and generalized, under the design
parameters category. These parameters are strong tools to characterize the rotor geometry, and
they can generally describe the rotor structures and its effect on machine performance.
In Chapter 6 a suitable combined theoretical and finite element method (procedure) for SynRM
optimal geometry is developed.
The main parameters involved in the rotor geometry, ie. insulation ratio in the d- and q-axis, rotor
slot pitch and number of barriers (design parameters), are used by this procedure simultaneously
with optimal distribution law to minimize the going through component of the q-axis flux for
each selection of design parameters, and all geometrical parameters for each barrier are
calculated.
Finally in chapters 7 and 8 the generated geometry of each set of design parameters is modeled
with suitable FE software to evaluate the target variables.
In this manner a fast combined theoretical and finite-element rotor design procedure, see chapter
6, for a certain stator is developed that mainly focuses on torque maximization and reducing the
torque ripple to a practical acceptable level. Also the numbers of barriers are reduced to the
minimum number in order to make it as manufacturing friendly as possible.
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In chapter 7 pure geometrical parameter sensitivity analysis for the simplest rotor geometries have
been done and compared with the combined theoretical-FEM method to and confirm the results.
In chapter 8 a full optimization for maximum torque, minimum torque ripple, and minimum
number of barriers is done.
Finally other design parameters like ribs ,air gap ,over load capacity, iron losses and power factor
have been investigated and related sensitivity analysis have been conducted for the final
geometries.

10 FUTURE WORK
Future work can be concentrated on the following subjects:
1- Building prototype and measurement.
2- Study and develop more effective procedures for torque ripple reduction.
3- Iron losses and their effect on machine performance, especially rotor iron losses.
4- Due to lack of any starting torque and also stability issue SynRM is suitable for closed loop
control variable speed drives. Different control schemes and machine behavior under close
loop control can be another area of study.
5- By adding some asynchronous torque to the SynRM characteristics by introducing a rotor
cage in the air barriers, starting torque can be obtained. The resultant machine characteristic
study can be another future work.
6- Fault effect analysis of the SynRM under different operation conditions is important from
protection and operation point of view, and is another study area.
7- Developing a thermal model.
8- Theoretical treatment for overall optimization.
9- Field-weakening capability and techniques and high speed applications.
10- Potential vehicle applications ie. HEV.
11- Flux fluctuation inside the rotor body and its effect on torque ripple and iron losses.
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12 APPENDICES

12.1 Appendix A: Different possible operating points for SynRM
In the following analysis the ideal situation is assumed. Frequency is also assumed constant for
all operating points. For details see Figs. 12.1, 12.2 and 12.6.
12.1.1 Comparison of point (A): max. T/A and (B): max. T/V for constant current
Consider two operating points (A) and (B) in Figs. 12.1 and 12.2 (see also Fig. 4.1 and Appendix
B). Assume also that the stator current for both points is equal. Then the question is: Which point
gives higher torque, and what are the voltages at these two operation conditions?
a) Torque comparison
Torque at point (A) can be calculated according to the equation 2.12 and θ A =

π
4

as follows:

TA = k ⋅ (Ldm − Lqm ) ⋅ I m2

( A.1)

Similarly Torque at point (B) can be calculated according to the equation 2.14 and δ B =

E
1
1
TB = k ⋅
−
⋅ mB
ω
Lqm Ldm

follows:

2

π

4

as

( A.2)

On the other hand at point (B) the internal voltage related factor

E mB

ω

can be calculated

according to the stator current as follows, using eqs. 2.15 and 4.1:

EmB

2

= (Ldm I dmB ) + (Lqm I qmB ) =
2

ω

2

I qmB
L
= tan θ B = using eq. 2.15 = dm
I dmB
Lqm

= 2 ⋅ (Ldm I dmB ) =
2

= 2 ⋅ Ldm I m ⋅

Lqm
Ldm2 + Lqm2

2

= 2⋅

I m2 ⋅ Ldm2 ⋅ Lqm2

Introducing eq. A.3 to A.2 will give:

TB = k ⋅ (Ldm − Lqm ) ⋅ I m2 ⋅

Ldm2 + Lqm2

a
2
Ldm Lqm
+
Lqm Ldm

( A.3)

( A.4)

In eq. A.4 factor (a ) is clearly less than one, and comparing eqs. A.1 and A.4 shows
that TA ≥ TB

I mA = I mB

.
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IPF

T

TE = TF =

1
1
ξ + T0
ξ
2

E

F

1

IPFD,G =

IP F

IPFA, F ,C, B, E

A

T A = TC = TG = T0
TD

G

D

TB

tanθ =1
tanδ =1/ ξ

ξ −1
ξ +1

tanθ = ξ
tanδ =1/ ξ

C

B
tanθ =ξ
tanδ =1

θ

Fig. 12.1: Possible operating points for SynRM, see also Fig. 12.2 and eqs. D.1 and D.2.

b) Voltage comparison
Point (B) voltage can be calculated according to eq. A.3. Voltage at point (A) can be written as
follows:

EmA

ω

2

= (Ldm I dmA ) + (Lqm I qmA ) =
2

= Ldm

(

Im
2

2

2

+ Lqm

)

= Ldm2 + Lqm2 ⋅

I m2
2

Im
2

2

=

I qmA
I dmA

= tan θ A = 1

I dmA = I qmA =

Im
2

( A.5)

By comparing eqs. A.3 and A.5 and adding some simple mathematical manipulations we can
show that always EmA ≥ EmB I = I .
mA

mB

c) Internal power factor comparison
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T

IPF
1

F
=c

te.

IP

ξ −1
ξ +1

IP F

T, I =
m Im =c
C
te.

IPFD,G =

ξ−

1
ξ

1
1
ξ+
2
ξ

IP

F

T,

E

m

=E

mA

IPFA, F ,C , B, E =

1
2

A

T A = TC = TG = T0

2 ξ
TD =
T =
1+ξ 0 1

1

T0
1
ξ+
2
ξ
1
TB =
T
1
1 0
ξ+
2
ξ

Im
T,

=I m

=

G

.
cte

C

A

T, Em

=
= E mG

D

cte.

e.
T , Em = EmB = ct

tanθ =1
tanδ =1/ ξ

T, E = E
=E
= cte.
m mC mD

B

tanθ =ξ
tanθ = ξ
tanδ =1 / ξ tanδ =1

θ

Fig. 12.2: Possible operating points for SynRM, see also Fig. 12.1 and eqs. D.1 and D.2.

The IPF for both operating points can be calculated according eq. 2.7 and using eq. 2.15 as
follows:

IPFA = IPFB =

ξ −1
=
2(ξ 2 + 1)

d) Power comparison

1
2

ξ−

1

ξ

1
1
ξ+
2
ξ

( A.6)

The power ratio for the two operating points is as following, using eqs. A.3, A.6 and A.5:
2
2
PA k ⋅ EmA ⋅ I m ⋅ cos ϕ A EmA Ldm + Lqm 1
1
=
=
=
= ξ+
PB k ⋅ EmB ⋅ I m ⋅ cos ϕ B EmB
2 Ldm Lqm
2
ξ

( A.7)

e) Torque comparison
The torque ratio for the two operating point is as following, using eqs. A.1and A.4:
2
2
TA Ldm + Lqm 1
1
=
= ξ+
TB
2 Ldm Lqm
2
ξ

( A.8)
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12.1.2 Comparison of point (A): min. Amp. and (C): min. voltage for certain torque

If the same amount of torque as in point (A) with minimum voltage is considered then point (C)
will be the new operating point, see Fig. 12.2. In point (C): tan δ C = 1 and tan θ C = ξ .

a) Current comparison
Using eq. A.4 for point (C) will give the torque as follows for this point:
2
TC = k ⋅ (Ldm − Lqm ) ⋅ I mC
⋅

2

( A.9)

Ldm Lqm
+
Lqm Ldm

By comparing this equation and eq. A.1, for current ratio for points (A) and (C) we can write:
2
2
TA = k ⋅ (Ldm − Lqm ) ⋅ I mA
= T0 = k ⋅ (Ldm − Lqm ) ⋅ I mC

I mA
=
I mC

2
Ldm Lqm
+
Lqm Ldm

1

= TC

( A.10)

1
1
ξ+
2
ξ

b) Voltage comparison
Similar to point (B) the voltage at point (C) is as follows, see eq. A.3:

EmC

ω

2

= 2⋅

2
I mC
⋅ Ldm2 ⋅ Lqm2
Ldm2 + Lqm2

( A.11)

Therefore the voltage ratio can be written as, see eqs. A.5, A.10 and A.11:
2
2
EmA 1 Ldm + Lqm
I
= ⋅
⋅ mA =
EmC 2 Ldm ⋅ Lqm
I mC

1
1
ξ+
2
ξ

( A.12)

c) Power comparison
Using eqs. A.10, A.12 and A.6 (IPFA=IPFC, see Fig.7.1) will give the power ratio as follows:

PA k ⋅ EmA ⋅ I mA ⋅ cos ϕ A EmA I mA
=
=
⋅
=1
PC k ⋅ EmC ⋅ I mC ⋅ cos ϕC EmC I mC

( A.13)
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12.1.3 Comparison of point (A): max. T/A and (D): max. IPF for certain current

If the same amount of current as in point (A) with maximum power factor is considered then
point (D) will be the new operating point. In point (D): tan δ D = 1 / ξ and tan θ D = ξ , see
eq. 2.8. Therefore: sin θ D =

ξ
1+ ξ

1
.
1+ ξ

& cos θ D =

a) Torque and power comparison
Torque in point (D) can be calculated as follows, see eq. 2.12:

TD = k ⋅ (Ldm − Lqm ) ⋅ I m2 ⋅ sin (2θ D ) =
= k ⋅ (Ldm − Lqm ) ⋅ I m2 ⋅ 2 ⋅ sin θ D ⋅ cos θ D =
= k ⋅ (Ldm − Lqm ) ⋅ I m2 ⋅

1
1
2

ξ +

( A.14)

1

ξ

The torque ratio will be according to the following equation, see eqs. A.1 and A.14:

TA 1 + ξ 1
=
=
TD 2 ξ 2

ξ +

1

ξ

=

PA
T ⋅ω
= A
PD
TD ⋅ ω

( A.15)

b) Voltage comparison

The internal voltage related factor

EmD

can be calculated according to the stator current as

ω

ξ

follows, using eqs. 2.15 and 4.1, note that sin θ D =

EmD

ω

2

, cos θ D =

1+ ξ

1
:
1+ ξ

= (Ldm I dmD ) + (Lqm I qmD ) =
2

2

= (Ldm ⋅ I m ⋅ cos θ D ) + (Lqm ⋅ I m ⋅ sin θ D ) =
2

(

)

= Ldm Lqm ⋅ I m2

2

( A.16)
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Using eqs. A.5 and A.16 will give the voltage ratio as follows:

EmA
=
EmD

1
1
ξ+
2
ξ

( A.17 )

c) Power factor comparison
By using eqs. 2.8 and A.6, power factors ratio can be written as following:

ξ −1
1
1
ξ +
2
ξ
2(ξ + 1) 2
=
ξ −1
1
1
ξ+
ξ +1
2
ξ

IPFA
=
IPFD

( A.18)

12.1.4 Comparison of point (A): min. current and point (G): max. IPF or min. kVA for certain
torque

If the same amount of torque as in point (A) with maximum power factor or minimum kVA is
considered then point (G) will be the new operating point. In point (G): tan δ G = 1 / ξ and

ξ

tan θ G = ξ , see eq. 2.8. Therefore: sin θ G =

1+ ξ

& cos θ G =

1
.
1+ ξ

a) Current comparison
Similar to point (D) the torque equation for point (G) can be written as, see eq. A.14:
2
TG = k ⋅ (Ldm − Lqm ) ⋅ I mG
⋅

2 ξ
= T0
1+ ξ

( A.19)

Combining this equation with eq. A.1 will give the current ratio as following:

I mA
=
I mG

1
1
2

ξ+

1

( A.20)

ξ

b) Voltage comparison
Voltage in point (G) similar to point (D) can be calculated according to eq. A.16 as follows:

EmG

ω

2

(

)

2
= Ldm Lqm ⋅ I mG

( A.21)
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Using eqs. A.21 and A.5 for voltage ratio will give:

EmA
1 L +L
=
EmG
2 Ldm ⋅ Lqm
2
dm

2
qm

⋅

ξ+

I mA
=
I mG

ξ+

1

ξ
1

( A.22)

ξ

c) Power factor comparison
Power factor in point (G) is maximum and in point (A) it is according to eq. A.6, thus power
factor ratio can be written as follows:

IPFA
=
IPFG

ξ −1
1
1
ξ+
2
ξ
2(ξ + 1) 2
=
ξ −1
1
1
ξ+
ξ +1
2
ξ

( A.23)

d) Power comparison
Frequency and torque are the same for both points therefore the power will be the same as well.
e) Apparent power (kVA) comparison
Using eqs. A.20 and A.22 for kVA ratio gives:

kVAA EmA ⋅ I mA
=
=
kVAG EmG ⋅ I mG 1
2

1
1
ξ+
2
ξ

ξ+

1

( A.24)

ξ

12.2 Appendix B: Field-weakening range calculation.

12.2.1 Maximum torque strategy (T)
For this case, maximum torque is targeted below base speed, assuming saturation and Rs, Lsl, Rc
are neglected. For the base point, where the maximum limit for inverter voltage v0 and maximum
current i0 are reached, the voltage equation is as follow:

v02 = (ω0 Lqiq 0 ) 2 + (ω0 Ld id 0 ) 2

( B.1)
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At this point we have: θ 0 =

92

π
4

, δ 0 = tan −1

1

ξ

, id 0 = i0 cos θ 0 , iq 0 = i0 sin θ 0 (saturation is

disregarded). Using the above equations; for the base point frequency we have:

v =ω i
2
0

2 2
0 0

1
Lq
2

2

ω0

v02
1
ω = 2 2
i0 Lq 1
L
1+ d
2
Lq

2

1
+ Ld
2

max .T

2
0

=

v0
2
i0 Lq 1 + ξ 2

(a)

2

v02
2
= 2 2
i0 Lq 1 + ξ 2

( B.2)

(b)

Fig. 12.3: Maximum torque field weakening [3].

The Next stage for increasing the speed is to increase the frequency at maximum allowed voltage
and current, and this means moving from base point to point one (in Fig. 12.3 where ω = ω1 ). At
this point the flux angle reaches its maximum of 45 deg. beyond that the torque is reduced if the
flux angle is increased more than 45 deg.
At point one there are: δ1 =

π
4

, θ1 = tan −1 ξ , id 1 = i0 cos θ1 , iq1 = i0 sin θ1 , and voltage

equation can be written as:

v02 = (ω1Lqiq1 ) 2 + (ω1Ld id 1 ) 2

( B.3)

Dividing eq. B.1 by eq. B.3 gives:

ω0
ω1

2

⋅

r=

( Lq i q 0 ) 2 + ( Ld i d 0 ) 2
( Lq iq1 ) 2 + ( Ld i d 1 ) 2

ω1
ω0

=
max .T

1
1
ξ+
ξ
2

=1

( B.4)
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12.2.2 Maximum power factor strategy (PF)
Base point for maximum PF is also defined as the maximum reachable torque point at maximum
voltage and current capacity of the inverter ( v0 , i0 ). Voltage equation at this point is as follows,
however the upper operating point is defined at maximum PF:

v02 = (ω0 Lqiq 0 ) 2 + (ω0 Ld id 0 ) 2
and: δ1 =

π
4

( B.5)

, θ1 = tan −1 ξ , id 1 = i0 cos θ1 , iq1 = i0 sin θ1 .

Therefore voltage equation can be written as:

[

v02 = ω02i02 (Lq sin θ 0 ) + (Ld cosθ 0 )
2

ω0

2

max . PF

=

]

v0
i0 Lq

ω02 =

1
v02
2 2
i0 Lq 1
L
1+ d
2
Lq

2

=

v02
2
2 2
i0 Lq 1 + ξ 2

2
1+ ξ 2

( B.6)

Fig. 12.4: Maximum power factor field weakening [9].

For the field weakening range a complete analysis is presented in [33, Lipo], the result is
summarized by the equation below:

r=

ω1
ω0

=
max . PF

1
2

ξ+

1

ξ

( B.7)

12.3 Appendix C: Optimum insulation ratio for a simple anisotropic structure
Considering anisotropic structure in Fig. 12.5, reluctances in the d- and q-axis can be calculated
from the following equations:

Rq =

Dt
t
=
µ 0 DL µ 0 L

(C .1)
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Rd =

94

D
1
=
µ 0 µ r D (1 − t ) L µ 0 µ r (1 − t ) L

( C .2 )

where:
∆

t=

total − insulation
wi
1
=
=
1
total − width
ws + wi
+1
kwq
∆

kwq =

(C.4)

total − insulation wi
1
=
=
total − iron
ws 1 − 1
t

(C.3)

ws

iron µ r
wi

isulation
∆

k wq =

L

q

1
1
−1
t

=

d

∆

t=

wi
ws + wi

=

D

wi
ws

1
1+

D

1
k wq

Fig. 12.5: A simple anisotropic structure

On the other hand for the difference in inductances:

∂
∂ 1
1
( Ld − Lq ) = 0 ⇔
( − )=0
∂t
∂ t Rd Rq

t max .T =

1

µr

And consequently for optimum insulation ratio at maximum torque:

t max .T =

1

µr

⇔

kwq

max .T

=

1

µr − 1

(C.5)

Similarly for the saliency ratio:

∂ Ld
∂ Rq
=0 ⇔
=0
∂ t Lq
∂ t Rd

t max .PF = 0.5

And for optimum insulation ratio at maximum power factor:

t max .PF = 0.5

⇔

kwq

max . PF

=1

(C.6)
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12.4 Appendix D: Torque equations in constant current and constant voltage conditions

Mainly there are two different operations condition: constant voltage and constant current, in
constant current condition by combining eqs. 2.12 and 2.15 we can write, see Fig. 12.6 (right):

T=

=

3 p
(
Ldm − Lqm )⋅ I m2 sin (2θ ) =
22

(

)

3 p
(
Ldm − Lqm )⋅ I m2 sin 2 ⋅ tan −1 (ξ ⋅ tan δ )
22

( D.1)

Similarly in constant voltage condition by combining eqs. 2.14 and 2.15 we can write, see Fig.
12.6 (left):

T=

2

3 p 1
1
E
⋅ m
−
ω
2 2 Lqm Ldm

sin (2δ ) =

2

3 p 1
1
E
=
−
⋅ m
2 2 Lqm Ldm
ω

tan θ

sin 2 ⋅ tan −1

( D.2)

ξ

Actually in Figs. 12.1 and 12.2 these eqs. are used to draw the constant voltage and current
trajectories vs. current angle.
T

T

I m1 > I m2 > I m3 > I m4

m1

Em =cte

E

m2

f1 < f 2 < f 3 < f 4

f =cte

E

Em1 > Em2 > Em3 > Em4

I m1

I m2

I m3

I m4
m3

f1

E

f2

f3

f4

E m4
tanθ =ξ θ
tanδ =1

tanθ =1
tanδ =1 / ξ

Fig. 12.6: Constant voltage (left) for different voltage and constant current (right) for different current torque
trajectories vs. current angle (ideal conditions).

θ

